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1. Introduction

Lithium-based batteries are a hot topic of current
scientific debate for three reasons:
1) The need of highly reversible, high-performance batteries

for a modern society. It suffices to mention two applica-
tions: a) batteries for electrotraction and b) batteries for
storing electricity obtained from sustainable energy sour-
ces, mainly from sunshine or wind.[1–4]

2) The advantages arising from lithium’s position in the
periodic table. Lithium is characterized by its small size
and high electropositivity with offer the potential of high
voltage, low weight, high storage, and fast transport, and
hence of high energy and power density.

3) The progress in materials science, in particular in nano-
technology, providing appropriate electrode materials
characterized by highly efficient morphologies and archi-
tectures.[3, 5]

This article deals with the thermodynamics of lithium
storage and concentrates on the equilibrium situation (more
strictly “thermostatics”). Hence the description of theoretical
storage capacity and reversible cell voltage takes precedence.
As questions of practical capacity and practical voltage are
greatly influenced if not dominated by the specific kinetics,
these will be only marginally addressed in one Section.

Why such a contribution on lithium storage, when the
general thermodynamic aspects should be independent of the
chemical details? First of all, there are a variety of aspects
that have been specifically addressed and developed in the
context of lithium-based batteries, such as storage in meta-
stable situations and in particular in nanostructured materi-
als.[6] They deserve special consideration. (Thus, a thermody-
namic treatment of the interfacial storage mode is described

for the first time in Section 6.) Moreover, even for conven-
tional storage mechanisms, the formulation in terms of the
relevant charge carriers in solids, that is, the point defects, has
only been addressed in very rare cases for batteries, although
this is a state-of-the-art approach in high-temperature
chemistry.[7–10] This situation is quite surprising, as a full
atomistic understanding as well as a pertinent physico-
chemical treatment is only possible on a point-defect level.
In addition to the high-temperature situation, special impli-
cations of the lower temperatures, such as extensive associ-
ation and relevance of frozen-in situations have to be taken
account of.

In addition, the heterogeneity of the battery community
makes such a contribution necessary and timely. Specialists of
a certain field possibly bored by particular paragraphs might
find others instructive.

There are three storage modes in solids that need to be
distinguished (see Figure 1):
a) Bulk storage which is based on dissolution (Figure 1a). If

bulk storage occurs by occupation of interstitial or vacant
sites (addition) rather than by substitution it is usually
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The thermodynamics of electrochemical lithium storage are examined
by taking into account that it is the point defects that enable storage.
While the Li defects are mobile, most of the other point defects have to
be considered as frozen owing to the performance temperature being
low compared to the melting point of the electrode materials. The
defect chemistry needs to be considered to fully understand equilibri-
um charge/discharge curves. On this basis, single phase and multiphase
storage mechanisms can be discussed in terms of theoretical storage
capacity and theoretical voltage. Of paramount interest in the field of
Li batteries are metastable materials, in particular nanocrystalline and
amorphous materials. The thermodynamics of storage and voltage,
also at interfaces, thus deserve a special treatment. The relationship
between reversible cell voltage and lithium content is derived for the
novel job-sharing mechanism. With respect to the classic storage
modes, thermodynamic differences for cathodes and anodes are
elaborated with a special attention being paid to the search for new
materials. As this contribution concentrates on the equilibrium state,
current-related phenomena (irreversible thermodynamics) are only
briefly touched upon.
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called insertion (or if these interstitial sites are between
defined layers, intercalation). In this storage mode the
phase stays constant (single phase storage), so only
a variation in the point-defect chemistry occurs (storage
in TiS2 or LiCoO2 are examples).[11,12]

b) Storage that accompanies phase changes. In this case the
chemistry of the perfect structure is altered, while the
defect chemistry is invariant. Since the co-existing phases
exhibit and maintain their extreme non-stoichiometries,
the defect chemistry is still relevant. As far as kinetics is
concerned, it is pertinent to distinguish between phase
transformation reactions (e.g. FePO4/LiFePO4)

[13] and
decomposition reactions (e.g. LiCoO2 decomposing to
Co and Li2O on excessive lithiation)[14–19] depending on
the complexity of the composition trajectory in the phase
diagram (see Figure 1 b,c). The decomposition is also
referred to as a (proper) conversion reaction.

c) Lithium can also be stored at higher-dimensional defects,
in particular at interfaces. This storage can be due to the
special structure of the interfacial core, but is possible
even in the case of an ideal abrupt two-phase contact
(“job-sharing” mechanism)[20–22] shown in Figure 1 d.
Examples are nanocomposites of metals (e.g. Ru) and
lithium oxide. This job-sharing mechanism as well as the
conversion reaction mechanism relies on nanostructuring.
(But also in the classic cases of single-phase or two-phase
storage nanoparticles are beneficial whenever bulk-trans-

port within the solid is sluggish.) In a certain sense, even
though referring to bulk, Li storage in frozen-in one-
dimensional or even zero-dimensional defects may be
mentioned as well, examples being Li storage in disloca-
tion cores of plastic materials or in C-vacancies of carbon-
based materials.[23]

2. Electrical Exploitation of the Chemical Potential
in a Battery

The comparison of a battery with a pumped-storage
hydropower plant is instructive. In a pumped-storage hydro-
power plant, whenever energy needs to be stored, water is
pumped from the lower level to the higher level. The energy
can be released by allowing the water to flow from the higher
level to the lower level and to do work (see Figure 2a).

In a (lithium) battery we are not concerned with the
gravitational potential[24] but with the chemical potential (of
lithium, mLi). The chemically stored energy is exploited which
per given mass is exceedingly greater than in the previous
example.[25] During charge we “pump” the neutral compo-
nent—lithium—from a phase a (the positive electrode)[26] to
a phase b where Li is less welcome (the negative electrode).[26]

In other words, we pump Li from a level of lower chemical
potential to a level of higher chemical potential. Note that the
chemical potential is according to its definition (mLi =

@G=@nLi, with pressure, temperature, and mole numbers of
other components staying constant, G : Gibbs energy) a mea-
sure of how much a component is “disliked” in a given phase.

Exploiting chemical potential differences, and not gravita-
tional potential differences and hence dealing with exceed-
ingly greater energy densities, is not the only conceptual
difference. A neutral Li transport from the high potential side
to the low potential side would only produce heat (corre-
sponding to the usually very negative reaction enthalpy DRH),
the conversion of which into electrical energy would be
limited by Carnot�s efficiency. A battery device uses the trick
to split the Li flow into an internal Li+ ion flow and an outer
e� flow, which is enabled by placing a Li+ ion conducting
electrolyte between the two reservoirs (electrodes) as dis-
played in Figure 2. The electrons in the outer circuit can
perform electrical work directly. This arrangement allows for
a very elegant and reversible transformation of chemical
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Figure 1. The storage mechanisms, as discussed in the text.

Figure 2. The principle of a hydropower plant (left) as compared with
a principle of a lithium battery (right). Center: If the green phase was
a mixed conductor rather than an electrolyte, an irreversible reaction
would take place and only heat would be generated.
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energy into electrical energy and vice versa. Moreover, since
now the total driving force in form of the free enthalpy of the
reaction (R), DRG, is transformed into electrical energy, the
theoretical efficiency is given by DRG/DRH = 1 + TDRS/
jDRH j and is in principle allowed to exceed 100 % (if DRS>
0; the surrounding environment cools down); usually it is
around 100 % as the reaction entropy DRS is small.

If the outer circuit is interrupted, a reversible cell voltage
(E) builds up that equals �DRG/zRF (F : Faraday�s constant).
(Here it is, as usual, silently understood that the reaction
quantities, in contrast to G above, refer to molar units.) This
assumes absence of any internal dissipative processes, such as
local corrosion or electrochemical short-circuit enabled by
non-negligible electronic transport in the electrolyte. The
number of transferred electrons in the reaction R, that is, zR,
equals unity if we write the reaction in the general form:

LiðbÞ ! LiðaÞ ð1Þ

This overall reaction is not in global chemical equilibrium,
but under the reversible conditions of an open electrochem-
ical cell in a constrained equilibrium state (“electrochemical
equilibrium”). Basic electrostatics tells us that the voltage
(multiplied by Faraday�s constant) equals the difference in the
Fermi potentials (electrochemical potentials of electrons, ~me�)
of the terminal copper leads.[27]

At the electrodes local chemical equilibrium between Li
and Li+, e�

LiÐ Liþ þ e� ð2Þ

demands

~mLiþ þ ~me� ¼ mLi ð3Þ

As in the case of the electrons, m̃, denotes the electro-
chemical potential, that is, the chemical potential comple-
mented by the electrical potential term zFDf (for a neutral
component such as Li z = 0 and hence m̃ = m). As the
electrolyte conducts Li+ and not e� , there are no gradients
in ~mLiþ .[28] If we compare the situation at the two electrodes,
then D~me� ¼ DmLi and hence

�EF ¼ ~me� að Þ � ~me� bð Þ ¼ mLi að Þ � mLi bð Þ ð4Þ

stating again that it is the difference in the chemical potential
of Li that is exploited. If one wants to avoid confusion
between electrochemical and chemical equilibrium, one can
write the cell reaction Equation (1) as

LiðbÞ þ e�ðaÞ Ð LiðaÞ þ e�ðbÞ ð5Þ

to which the equilibrium conditions (zero balance of electro-
chemical potentials) can now safely be applied.[10, 29] Equa-
tion (5) expresses the fact that an electrochemical equilibrium
cell is characterized by local electrode equilibrium, but
globally it is only the ions but not the electrons that are in
equilibrium under open-circuit conditions.

In the following it is useful to refer to reversible voltages E
with respect to metallic Lithium as negative electrode, that is,

we define the phase b as solid lithium (Li(s)) giving Equa-
tion (6).

EF¼ � mLi að Þ � m�Li Lið Þ
� �

¼ �m�Li að Þ � RT ln aLi að Þ þ m�Li Lið Þ
¼ �RT ln aLi að Þ � m�Li að Þ � m��Li

� �
:

ð6Þ

As usual we have split m into a standard value m8 and
a concentration (c) dependent term in which a(c) denotes the
activity; the standard potential in our reference electrode
Li(s) is abbreviated as m��Li � m�Li Lið Þ ¼ mLi Lið Þð Þ. According to
Equation (6) E is determined by lna but also includes the free
energy of virtually transferring one mole Li from the metal to
the phase a at a = 1.

All the different storage modes addressed above can be
observed in a material such as RuO2.

[16, 30, 31] Let us first assume
that the RuO2 entity (X) behaves as an invariant component
under experimental conditions, that is, we ignore variations of
the Ru/O ratio. This idealization—which is a typical room-
temperature assumption—enables LixRuO2 to be conceived
as a pseudo-binary (LixX). The experimental discharge/
charge curve in Figure 3 is not exactly the current-less

situation but close to it. This curve is obtained by adding Li
to the system keeping the amount of X constant. Irrespective
of the complexity of the processes possible, on Li addition the
electromotive force (e.m.f.) will decrease towards zero and
the Li potential increase towards m��Li. This follows from the
thermodynamic stability criterion @mLi=@nLi > 0.[32]

Starting out from RuO2, the phase first dissolves Li up to
about x = 0.1. During this process the chemical potential of Li
increases continually until the LiRuO2 phase is formed.
During the single-phase process it is d, the deviation of x from
the composition of order (cf. Li1+dRuO2), that is, from the
“Dalton-composition” (cf. Li1RuO2), as well as mLi, the
lithium potential (and then also aLi, the Li activity), which
are decisive for capacity and voltage, respectively. It is

Figure 3. The discharge profile of RuO2, exhibiting all the relevant
storage modes: single-phase storage (A,C), two-phase storage (B),
decomposition (D) as well as interfacial storage (E). Reproduced from
Ref. [17].
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emphasized below how these functions are, for a given phase,
interlinked through point-defect chemistry.

If the Li solubility is exceeded, the phases Li0.1RuO2 and
Li0.9RuO2 coexist. During this process, it is not the compo-
sitions in the phases but only the fractions of these phases that
will vary until all the RuO2 is converted into LiRuO2. In this
period mLi and hence the voltage stays invariant. Unlike the
coexistence compositions of the phases, the overall compo-
sition “LixRuO2” does vary. Naturally this overall value of
x defines the capacity.

After this point additional Li is taken up by the LiRuO2

phase (up to Li1.1RuO2) until a new phase equilibrium is
established. Unlike the transformation from RuO2 to LiRuO2

which follows a straight line in the Li-Ru-O phase diagram,
the trajectory bifurcates and LiRuO2 decomposes into Ru and
Li2O. Thus we have to realize that we are dealing with
a ternary mixture. (The low mobilities of Ru and O express
themselves in the nano- and sub-nanostructure of the Ru/
Li2O composite formed on decomposition.) In the invariant
regime Li1.1RuO2, Ru, and Li2O coexist. (Reversal of this
process is kinetically much more demanding but may be
possible if the particles are very tiny and the transport
coefficients not too small.[16] Such a reversal has indeed been
verified for RuO2.)

[17] The only bulk process before plating of
Li occurs, is an alloy formation (a further single-phase
process), which in the case of Ru is negligible.

Owing to the large interfacial proportion realized in the
above phase mixture, a very interesting storage mode
emerges in which Li is stored heterogeneously at the Ru/
Li2O contacts, namely by accommodating Li+ on the Li2O side
and e� on the Ru side of the contact.[17, 20–22] Owing to
heterogeneity, the thermodynamic behavior is quite different
from the normal storage mode. Again the Li potential
determines E, and the overall composition determines the
capacity, but unlike mLi the Li content is a composite function
in this heterogeneous problem.[22] If all the possibilities to
stabilize Li (compared with the pure Li metal) are exhausted,
Li plating occurs. Note that for very thin layers mLi may be
slightly smaller than the lithium potential of pure lithium
m��Li

� �
which serves a counter electrode. This underpotential

deposition can of course also be viewed as interfacial storage.
Let us address the major storage modes—in our open-circuit
cell with elemental Li as negative electrode—step by step.

3. Solid Solution Storage and Defect Chemistry

Unlike Equation (1) [but like Eq. (2)] we now consider
the local equilibrium situation in the working electrode.
Incorporation of Li in the bulk of the phase a can be written
as

LiÐ LiðaÞ ð7Þ

which in chemical equilibrium requires

mLi ¼ mLiðaÞ ð8Þ

or in terms of activities (mass-action law level; mLi� const +

RT lnaLi)

aLi / aLiðaÞ ð9Þ

In Equations (8,9), mLi is the chemical potential (and aLi

the activity) of the working electrode side and may be
identified with the Li potential in the virtual local equilibrium
gas-atmosphere (differing from the Li potential at the counter
electrode by EF).[33]

Knowing that in an ionic material Li is at least partly
dissociated into Li+ and e� , that is

LiÐ LiþðaÞ þ e�ðaÞ ð10Þ

we write

mLi ¼ mLi að Þ ¼ mLiþ að Þ þ me� að Þ ð11Þ

or

aLi / aLi að Þ ¼ aLiþ að Þ � ae� að Þ ð12Þ

whereby mLi � m��Li determines the e.m.f.
Much more detailed information can be arrived at on the

level of the point defects. There are two mechanistic ways of
incorporating Li into the solid.[33–36] The first is bringing Li+

into an interstitial site of the lattice according to Equa-
tion (13).

Liþ empty interstitial siteÐ interstitial Liþ þ excess e� ð13Þ

In Krçger–Vink nomenclature which uses relative charges
(dot, cross, and prime stand for the relative charges + 1, 0 and
�1), this reads (V: vacancy, i : interstitial site) as:

LiþVx
i Ð Li�i þ e0 ð14Þ

Alternatively, Liþ may occupy a vacancy according to:

Liþ Liþ-vacancyÐ regular Liþ þ excess-e� ð15Þ

or in Krçger–Vink notation:

LiþV0Li Ð Lix
Li þ e0 ð16Þ

One of the two equations will be redundant if we take into
consideration the ionic (Frenkel) disorder equilibrium:

regular Liþ þ empty interstitial siteÐ Liþ þ Liþ-vacancy ð17Þ

that is

Lix
Li þVx

i Ð Li�i þV0Li: ð18Þ

Similarly, we do not need to reformulate all the Equations
with electron holes instead of excess electrons (conduction
electrons). It suffices to add to our list the electronic disorder
equilibrium Equation (19)
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electron ðvalence bandÞ þ hole ðconduction bandÞ Ð
electron ðconduction bandÞ þ hole ðvalence bandÞ

ð19Þ

or in Krçger–Vink nomenclature:

NilÐ e0 þ hC ð20Þ

The great thermodynamic advantage of formulating the
situation in the model compound “LiX” (which more
precisely reads LixX�Li1+dX with d ! 1) in terms of point
defects, is that now ideal mass-action laws are good approx-
imations because defects (unlike components) are rather
dilute (a’ c).

Non-idealities (that we largely ignore) can be corrected
for by introducing activity coefficients.[37–39] Furthermore the
distinction between excess and deficient particles allows
a detailed calculation of d(E), that is, of the theoretical
charge/discharge curve. Neglecting activity coefficients the
following set of mass-action Equations is sufficient up to this
point[40]

KLi ¼ Li�i
� �

e0½ �a�1
Li ð21Þ

KF ¼ Li�i
� �

V0Li½ � ð22Þ

KB ¼ e0½ � h�½ �: ð23Þ

These mass action laws follow from Equations (14), (18),
(20) by applying the balance of the chemical potentials

mLi ¼ mi þ mn ¼ �mV þ mn ¼ �mV�mp ð24Þ

If coupled with the electroneutrality condition the defect
concentrations and also d can be calculated as a function of Li
activity and hence of cell voltage.

The electroneutrality condition is given as

C þ Li�i
� �

þ h�½ � ¼ V0Li½ � þ e0½ � ð25Þ

where C stands for the effective concentration of charged
impurities (dopants). C is positive if we refer to higher-valent
cations such as Mg2+ on Li+ site, that is, Mg�Li. C is negative if
we refer to higher-valent anions, for example, Z2� on an X�

site, that is, Z0X; an example being O2� replacing F� . In
addition, C also includes the concentration of charged frozen
native point defects. Examples for such defects are iron
vacancies in LiFePO4, anti-site defects, such as Fe�Li therein, or
oxygen vacancies in TiO2 which are considered to be
immobile at room temperature. The appearance of frozen-in
native defects is one characteristic feature of room-temper-
ature defect chemistry. The reader interested in the inter-
connection of frozen concentrations in the temperature range
of performance and variable concentrations in the temper-
ature range of preparation is referred to the literature.[41, 42] A
second characteristic feature of room-temperature defect
chemistry is the increased tendency to association of oppo-
sitely charged defects,[33] such as native interactions

V0Li þ h� Ð Vx
Li

Li�i þ e0 Ð Lix
i

ð26Þ

or association reaction with impurities

Mg�Li þV0LiÐ MgLiVLið Þx

Z0X þ Li�i Ð LiiZXð Þx

Z0X þ h� Ð Zx
X

ð27Þ

(Elastic interaction may even lead to association between
equally charged defects. Cooper pairs are the most prominent
examples of “anti-Coulombic” association.)

Taking account of association reactions means adding
further mass-action laws to our list [Eq. (21)]. Neutral
associates do not appear in the electroneutrality equation.
In such cases, C in Equation (25) is no longer constant and
explicit consideration of the mass balances is required. Such
solutions are state of the art in defect chemistry and the
interested reader finds a great number of examples in
Refs. [7, 8, 10,43,44].

Figures 4, 5, 7 and 8 show how the defect concentrations
depend on the lithium activity if, for simplicity, association
reactions have been neglected. These solutions are based on
the so-called Brouwer conditions[45] which means that in the
various segments only two majority carriers of opposite
charge are of relevance in Equation (25). This approach leads
to power laws for the concentrations or linear graphs in the
log-log plots. Note that significant variations in the log-log
plots refer to order of magnitude variations.

Five cases are considered: 1) a pure material (termed
LiX) with intrinsically predominant ionic disorder, 2) a pure
material (termed LiY) with intrinsically predominant elec-
tronic disorder; 3,4) LiX and LiY being donor doped, and
5) finally the acceptor-doped case for the example of pre-
dominant ionic disorder (LiX).

Figure 4. Defect chemistry and defect chemical parameters for an intrinsically
mainly ionically disordered (pseudo-) binary Li compound. I regime (yellow),
P regime (blue), N regime (green).
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Notwithstanding the fact that the individual defect con-
centrations are highly relevant for the kinetic aspects of ionic
and electronic transport, we are interested in the thermo-
statics of Li storage and thus in the equilibrium lithium
content 1 + d as a function of voltage and hence of lithium
activity a (where for simplicity the index Li has been
dropped). If we can ignore point defects in the X sublattice,
the “non-stoichiometry” d is given by the concentration of
interstitial lithium species minus the concentration of lithium
vacancies.

Let us consider first the pure material: In this case
electroneutrality demands d = i�u = n�p. (From here on we
use the abbreviations i, u, n, p for Li�i

� �
, V0 i½ �, [e’], [hC],

respectively.) For Brouwer conditions, power laws result in
terms of the lithium activity as typical mass-action-law
solutions; that is, for any defect j it holds that j½ � / aNj

(where Nj is a simple rational number).[45] If ionic disorder is
predominant, the logarithmic dependence, that is, the relative
variation, of the already significantly disordered majority
carrier concentrations on a is small, hence Ni = Nu = 0 [follows
from Eqs. (22), (25), cf. Figure 4] but Nn = 1 =�Np [follows
from Eqs. (22), (23), cf. Figure 4]. Writing d = i�u simply
delivers d’ 0 on this level of approximation. A better
approximation is obtained by replacing i�u by n�p and
analyzing the minority defects. The fact that d can be written
as a difference of two terms with inverse dependencies on a,
that is, d = aaN�ba�N leads to a sinh-function in terms of the
e.m.f [cf. Eq. (6)].[46] In such cases d can favorably be recast in
the form c* a=a*ð ÞN� a=a*ð Þ�N

� �
with c* ¼

ffiffiffiffiffiffi
ab

p
and

a* ¼ b=að Þ
1

2N . In the present case c* turns out to be the n- or
p-concentration at the stoichiometric point [see Figure 4,
middle; Eq. (28)]

c* � n* � nðd ¼ 0Þ ¼ p* � pðd ¼ 0Þ ð28Þ

At this point the composition Li1+dX is realized with d strictly
equal to 0. The corresponding activity is termed a*.

To translate these graphs into the battery relevant
representation of e.m.f. versus Li content which reflects the
equilibrium charge/discharge curve, it is useful to simplify
notation by abbreviating EF/RT by E and to refer to the
stoichiometric point, that is, E�E* =�ln(a/a*) with mLi�
const + RT lnaLi and E(a*)�E*.

For the special case of predominant ionic disorder
(I range) the defect chemical situation gives:

d ¼ c* a
a*

� �
� a

a*

� ��1� �
ð29Þ

with c* ¼
ffiffiffiffiffiffiffi
KB

p
and a* ¼ K1=2

B K1=2
F

.
KLi.

The pure, predominantly electronic case realized in LiY
(black curves in Figure 8, E regime) yields structurally the
same result as for the predominantly ionic case realized in
LiX, but c* ¼

ffiffiffiffiffiffi
KF

p
. Using E we can formulate in both cases

[Eq. (30)]

d ¼ 2c* sinh�ðE�E*Þ ð30Þ

representing the well-established s-shaped titration curve as
for example, realized for LiRuO2 in Figure 3 (cf. zone
labeled C).

So far we have concentrated on the regime near the
stoichiometric point (I regime; yellow in Figure 4). For very
low or high Li activities the material is significantly oxidized
(P regime, blue in Figure 4) or reduced (N regime, green in
Figure 4) with respect to the intrinsic composition. Then the
carriers generated by Li excess or deficiency dominate.

Thus, in the N regime (a @ a*) it is Li�i and e’ and in the
P regime (a ! a*) V0Li and hC that form the majority carriers.
In each regime we can neglect u or i in the difference i�u with
the result

d’K1=2
Li a1=2 ¼ K1=4

F K1=4
B a=a*ð Þ1=2/ exp �E � E

*

2

	 

ðfor a� a*Þ

d’�K1=2
B K1=2

F K�1=2
Li a�1=2

¼ �K1=4
F K1=4

B a=a*ð Þ�1=2/ � exp �E � E
*

2

	 

ðfor a	 a*Þ

ð31Þ

These equations hold for both LiX and LiY.
It is at this point worthy of mention that the defect

chemical knowledge also allows the free energy to be
formulated as a function of the stoichiometry. This is outlined
in Appendix I b.

Returning to the defect concentrations. If we aim at
a more general treatment, we have to give up the Brouwer
approximation, that is, to apply the full electroneutrality
equation Equation (25) (as we still refer to pure material C = 0).

The results for the individual carrier concentrations are

i ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
aKLi þKFð ÞaKLi

aKLi þKBð Þ

s

¼ KF=u ¼ aKLi=n ¼ aKLi=KBð Þp ð32Þ

Figure 5. Defect chemistry of a pure (black curves) and donor dope-
d (red curves) (pseudo-)binary Li compound with intrinsically
predominant ionic disorder. I regime (light yellow), P regime (blue),
N regime (green), CI regime (yellow), CE regime (red).
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and then for the overall composition

d ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
aKLi þKFð ÞaKLi

aKLi þKB

s

�KF

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
aKLi þKB

aKLi þKFð ÞaKLi

s

ð33Þ

Equation (33) will be exploited in Section 8 in more detail.
For aKLi @ KF, KB the above results [Eq. (31)] for the

N regime are reproduced as they are for aKLi ! KF, KB for the
P regime. The sinh solution for the I regime is reproduced if
KF @ aKLi @ KB (ionic disorder) or KF ! aKLi ! KB (elec-
tronic disorder). Also the transition values for a and d are
easily found. In the case of a material with predominant ionic
disorder, one obtains aI/N = KF/KLi and dI=N ¼

ffiffiffiffiffiffiffiffiffiffiffi
KF=2

p
for the

transition from I to N while for the transition from I to P, aP/I =

KB/KLi and dP=I ¼ �
ffiffiffiffiffiffiffiffiffiffiffi
KF=2

p
result.

Figure 6 displays the respective E versus d curve for the
intrinsically ionically disordered LiX for the total activity
range (P, I, and N regime). It also shows the limits dmax, dmin

given by phase competition (cf. Section 8). Also shown
(dashed lines) are variations due to defect saturation
addressed at the end of the Section.

A characteristic feature of the pure material (cf. Figure 4)
is that at the point where the ionic defect concentrations
precisely coincide, the electronic concentrations are equal as
well.

According to Equation (25) these points differ if the
material is doped. On the concentration scale this difference
is C. So let us turn to the doped situation and investigate
magnesium-doped LiX or LiY as examples.

Figure 5 shows, for the LiX example, how the activity
a*

eon

� �
, where p = n, differs from the activity a*

ion

� �
, where u = i.

Let LixMgeX be the composition with variable x, then the
composition at a ¼ a*

eon where the dopant is completely
compensated by the ionic defects, is Li1�2eMgeX ( Mg�Li

� �
’

V0Li½ �). At a ¼ a*
ion the composition is Li1�eMgeX and the

dopant is purely electronically compensated ( Mg�Li

� �
’ [e’]),

formally by a lower Li valence and/or more negative
X valence.

The inequality a*
eon < a*

ion holds generally for donor doping
no matter if the donor effect is caused by higher-valent
substitutional cations, lower-valent substitutional anions, by
interstitial cations, or positively charged frozen-in native
defects. It also holds if the disorder is primarily electronic (see
Figure 8).

Exactly the opposite occurs for acceptor doping (see
Figure 7). In the example that X� is partially substituted by
Z2� (LixX1�eZe) the composition at a*

eon is Li1+eX1�eZe (ionic
compensation) and Li1X1�eZe at a*

ion (electronic compensa-
tion). (The inequality a*

eon > a*
ion also holds true for lower

valence substitutional cations, for interstitial anions, or
effectively negatively charged frozen-in native defects.) The
asymmetry introduced by the dopant is not only reflected by
the non-zero gap between a*

eon and a*
ion, but also by the

pronounced asymmetry of the defect concentrations as
functions of a (cf. Figure 5, 7, and 8).

If now, unlike Equation (32), we take account of the
effective doping content C in the electroneutrality equation,
we arrive at Equation (34)

i ¼ � C

2 1þ KB

KLi

1
a

� �þ
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

C2

4 1þ KB

KLi

1
a

� �2 þ
KLiaþKF

1þ KB

KLi

1
a

� �

vuut

¼ KF=u ¼ KLi a=n ¼ pða KLi=KBÞ

ð34Þ

Figure 6. The lithium activity (cell voltage) versus Li content d for
a dissolution mechanism, for a mainly ionically disordered crystal. The
defect-chemical partners are calculated from Equation (33). Before site
exhaustion becomes relevant, which would severely limit further
extraction or incorporation of Li (see dashed part), the phase trans-
forms into coexisting phases (dmin, dmax). Note that usually the dashed
range is much more extended than shown here. Dm8= partial molar
free enthalpy change during the transfer of a Li from the electrode
phase to metallic lithium under standard conditions.

Figure 7. Defect chemistry of a pure (black curves) and acceptor dope-
d (red curves) (pseudo-) binary Li compound with intrinsically
predominant ionic disorder. I regime (light yellow), N regime (blue),
P regime (green), CI regime (yellow), CE regime (red).
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as solutions for the individual defect concentrations. From
these individual concentrations the non-stoichiometry is
directly obtained.

Numerical solutions of Equation (34) will be exploited in
Section 8.

As far as the parameter a*
eon is concerned (here n = p,

hence C + i = u), it follows that

a*
eon ¼

ffiffiffiffiffiffiffi
KB

p

KLi
�C

2
þ

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
C2

4
þKF

r !

ð35Þ

while for a*
ion (here i = u, hence C + p = n)

a*
ion ¼

ffiffiffiffiffiffi
KF

p

KLi

C
2
þ

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
C2

4
þKB

r !

ð36Þ

and thus for the difference

a*
ion � a*

eon ¼
C

KLi

"
ffiffiffiffiffiffi
KF

p 1
2
þ sgnC

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1
4
þKB

C2

r !

�
ffiffiffiffiffiffiffi
KB

p
� 1

2
þ sgnC

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1
4
þKF

C2

r !# ð37Þ

The bracked term is positive (
ffiffiffiffiffiffiffi
KF

p
for C!1,

ffiffiffiffiffiffiffi
KB

p
for

C! �1), hence

a*
ion � a*

eon

C
> 0 ð38Þ

proving that a*
ion > a*

eon for donor doping (C> 0) and
a*

ion < a*
eon for acceptor doping (C< 0). In the definition of d

we have the freedom to either consider the deviation from the
composition at a*

ion or from the composition at a*
eon, that is, to

refer to dion� i�u or to deon� n�p. (This question of reference

state is of course not of relevance for the amount of Li
storage.) In both cases the activity dependence follows from
Equation (34).

As already mentioned, now, unlike the undoped situation,
deon is different from dion by

deon�dion ¼ C > 0 ð39Þ

Let us consider the special Brouwer regimes and hence
special cases of Equation (34). The N and P regimes trivially
lead to the same results as for the pure material since there C
is negligible with respect to the native concentrations. But the
situation is different for the regime in between, which, in the
pure case, was termed the I regime for LiX and the E regime
for LiY, and in which the dopant is now a majority carrier. In
the doped case both types of regimes can occur in the same
material (see Figures 5, 7, 8), that is, a regime in which all the
electronic carriers are minority carriers (termed CI regime) as
well as a regime wherein all ionic carriers are in minority
(termed CE regime). It is instructive to consider the ionically
compensated regime (CI) and the electronically compensated
regime (CE) separately.

In the first case it holds that C’u resulting in a simple
relation for deon

deon ¼
ffiffiffiffiffiffiffi
KB

p a
a*eon
� a*

eon

a

� �
¼ 2

ffiffiffiffiffiffiffi
KB

p
sinh� E � E*

eon

� �
ð40Þ

which is isomorphic to Equation (30) with E* being replaced
by E*

eon.

Similarly for the electronically compensated regime
where C’ n the analogous relation follows:.

dion ¼
ffiffiffiffiffiffi
KF

p a
a*ion
� a*

ion

a

� �
¼ 2

ffiffiffiffiffiffi
KF

p
sinh� E � E*

ion

� �
ð41Þ

Hence, it can be concluded that it simplifies the treatment of
the theoretical (dis)charge curves if one uses deon for
a predominant ionic compensation, but dion for a predominant
electronic compensation.

The defect chemical considerations could of course be
driven much further, in particular for the case that the dopant
can change valence state. This change can vary the storage
capacity significantly, yet a few remarks must suffice. It is well
established from high-temperature chemistry that heavy Fe
doping of SrTiO3

[47] or heavy Pr doping of CeO2
[48] leads to

significant variations in both the integral as well as the
differential storage capacity. Yet, it is also clear that heavy
doping of a binary finally is equivalent to forming a ternary
compound.

It has already been mentioned as special features of room-
temperature defect chemistry that 1) native defects can be
notoriously frozen hence acting as dopants and 2) oppositely
charged point defects tend to associate. While the first can be
accounted for in the C term, the second phenomenon can lead
to significant changes in the defect chemical treatment.
Instead of incorporating such effects into the above rather
general treatment, only two specific examples will be
mentioned. The first is LiFePO4 in which a great portion of

Figure 8. Defect chemistry of a pure (black curves) and donor dope-
d (red curves) (pseudo-) binary Li compound with intrinsically predom-
inant electronic disorder. E regime (light yellow), N regime (blue),
P regime (green), CE regime (yellow), CI regime (red).
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the lithium defects V0Lið Þ appears to be associated with the
holes as electronic carriers.

V0Li þ h� Ð Vx
Li� ð42Þ

Atomistically this Equation means that the neighboring Fe
ion is in the + 3 rather than the + 2 state.

The higher the temperature the more predominant the
endothermic dissociation. Figure 9 displays the defect chemis-
try as a function of Li activity.[49]

The second example is TiO2 in which, in addition, frozen-
in oxygen vacancies play a decisive role for the storage
kinetics.[50] Even though frozen, they can exist in various
trapped states:

V��O þ 2e0 Ð V�O þ e0 Ð Vx
O ð43Þ

The defect chemistry as a function of Li activity is shown in
Figure 10. The primary effect of such defect chemical subtle-
ties is their impact on transport properties and hence on the
practical performance rather than on the theoretical capacity.
Nonetheless, association effects involving lithium defects,
such as described by Equation (42) or association of Li�i with
e’ occurring in TiO2 or FePO4, are of significance for storage
thermodynamics as this affects the energetic aspects and
hence the e.m.f. (see Section 8). The fact that at room
temperature such trapping effects are far from being unusual,
is reflected by the observation that the introduction of Li
often leads to rather modest electronic conductivity modifi-
cations.

In the above treatment no competition with other phases
was taken into account and hence there was no limit on the a-
axis. In reality only a few phases tolerate very large non-
stoichiometries. For sufficiently large defect concentrations
the molar Gibbs energy will increase to an extent that
formation of other phases becomes favorable. This effect
gives rise to the bounds dmin, dmax in Figure 6. Even if no
competitive phases were of significance (and no limits set by
the electrolyte) the finite number of sites to be filled by Li—

and/or also the finite number of quantum states to be
occupied by electrons—would limit storage. In such a general
case the Boltzmann distribution used above has to be
replaced by the more precise Fermi–Dirac distribution, for
example, for the interstitial defect.

mi ¼ constþ RTln
i

imax � i
ð44Þ

The chemical potential and hence the voltage would
diverge for i!imax. Formally such site restrictions lead to
entropy-related activity coefficients (activity coefficient� a/
c). The same is true if the finite density of states becomes
significant for high excess electron or hole concentrations.
When using structure elements in the mass-action laws this
site restriction follows “automatically”.[38, 51] If, for example, in
the just considered case one takes account of occupied and
free interstitial sites separately, then instead of i one uses
Li�i
� �


Vi½ �, with Vi½ � ¼ Li�i
� �

max� Li�i
� �

. In other words: one has
to employ a Boltzmann distribution in the latter formulation
(i.e. the entropic activity coefficients for the structural
elements are unity). The effects as a result of these saturation
phenomena are indicated in Figure 6 by the dashed lines.

Energy-related activity coefficients express the energetic
interactions between defects. Examples are long-range inter-
ionic Debye–H�ckel type of corrections[52] or corrections
based on defect-lattice approximations.[39] We will come back
to some of these questions when we discuss how to find high
storage materials.

4. Lithium-Storage in Two-Phase Systems

As far as two-phase systems are concerned, we refer to the
coexistence of a lithium poor (LiVX) with a lithium-rich phase

Figure 9. Room-temperature defect chemistry of LiFePO4 as a function
of Li activity for a significant Li deficiency.[49] Unlike previous Figures,
the association of Li vacancies with holes is taken into account. Note
the similarity to Figure 5 (left, red). Reproduced from Ref. [49] with
permission from The Electrochemical Society.

Figure 10. Simplified defect chemistry of TiO2 at room-temperature as
a function of Li activity.[88] Unlike the previous examples the effect of
frozen-in oxygen vacancies in various valence states is taken into
account (cf. similarity of the situation at low aLi with the situation at
high aLi in Figures 5, 7). For simplicity, we suppress the difference
between log V��o

� �
and log[e’] for the cases where V��o are the majority

carriers. Reproduced from Ref. [50] with permission from Elsevier.
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(Li1�DX). At a given temperature and pressure these two
coexisting phases pin the chemical potential of lithium in the
system under concern if it is binary. If the system is multinary
(e.g. LiFePO4, LiRuO2), the non-lithium part can often be
considered as invariant under battery conditions (e.g. X�
FePO4 or RuO2), and thus a pseudo-binary treatment is
appropriate. In our RuO2 -example we refer to zone B in
Figure 3.

In such a non-variant miscibility gap, neither mLi nor the
individual compositions of the phases vary. When we plot the
molar Gibbs energy of mixing as a function of the lithium
mole fraction, the compositions of coexistence are deter-
mined by the points of tangency of the double tangent as
shown in Figure 11 (cf. also Appendix I). The storage is
reflected by the variation of the overall value of x (“LixX”),
which follows from the phase fractions.

In such pseudo-binary situations an interface is formed
and the phase transformation is caused by the lithium content
in analogy to temperature- or pressure-driven transforma-
tions.

The variation in phase mole fraction x is

�Dxa ¼ þDxb ¼
Q
F

1
nX

1
1�V� D

ð45Þ

with nX being the mole number of X in the phase mixture. Q is
the charge transferred, F is Faraday�s constant and hence Q/F
the mole number of Li transferred. The variation cannot be
greater than jDx j= 1 and the maximum charge transferred
(“storage capacity”) is thus simply related to the variation of
the Li content in the two phases according to

Qmax ¼ FnXð1�V�DÞ ð46Þ

In principle the cell voltage versus Li can be calculated in the
same way as above by using Equation (4). Usually in non-

variant cases a more straightforward expression is used
[Eq. (50)] that connects with Equation (4) as follows:

Let us denote the Li-poor phase LiVX by a and the Li-rich
phase Li1�DX by b. Unlike the previous case, it is advanta-
geous and common here to relate the cell voltage to chemical
phase potentials [Eq. (47)]

mLiVX LiVXð Þ � ma ¼ Ga=na and mLi1�DX Li1�DXð Þ � mb ¼ Gb=nb ð47Þ

Owing to additivity of the chemical potentials of the
individual constituents the relationship in Equation (48) is
valid.

ma ¼ VmLiðaÞ þ mXðaÞ
mb ¼ ð1�DÞmLiðbÞ þ mXðbÞ

ð48Þ

Since mLi(a) = mLi(b) (exchange equilibrium) and mX(a) =

mX(b) (Gibbs–Duhem equation), it follows that

mLi ¼
mb � ma

1� D�V
and

mLi � m��Li ¼
mb � ma � 1� D�Vð Þm��Li

1�D�V

ð49Þ

As EF ¼ mLi � m��Li we recognize that we can express the cell
voltage in terms of the cell reaction as

zREF ¼ �DRGfð1�V�DÞLiðsÞ þ LiVX! Li1�DXg ð50Þ

with zR = (1�V�D).

This relation also directly follows from global thermody-
namics (chemical work = electrical work). If V, D ! 1, then
zR’ 1 and the deviation of ma,b from m�a;b ¼ G�ma;b is small
(configurational contributions to the phase potential are of
second order) and

EF’�DRG� ð51Þ

This Equation is the basis of assessing non-variant cell-
voltages from tabulated standard Gibbs-energy values for the
phases involved. [As suggested by Eqs. (49), (50) for larger
non-stoichiometries, it is clearly a better approximation to
take the phase potentials as constant but to take account of
the non-integer stoichiometric numbers resulting in non-
integer zR values.]

From a macroscopic thermodynamic point of view the
situation in a non-variant multiphase system is not differ-
ent.[53] So, for example, in the low-voltage regime where
LiRuO2 starts decomposing (see zone D in Figure 3) accord-
ing to

LiRuO2 þ 3 LiðsÞ ! 2 Li2OþRu ð52Þ

and coexists with Ru and Li2O, the chemical potential of Li is
determined by the local three-phase equilibrium
Li2O:Ru:LiRuO2 and the e.m.f. given by DRG8 of the
respective chemical reaction [Eq. (52)]. (But note that, for
the thermodynamics to be defined in addition to Li, also O (or
Ru) needs to be exchangeable and to exhibit sufficient
diffusivity.)

Figure 11. The coexistence concentration in the two-phase fields X:LiX
and LiX:Li are determined by the points of double tangency. As the
molar Gibbs energy of mixing is plotted (g), these double tangents as
well as the tangents in the single-phase field (yellow, red, green)
intersect the y-axis on the right hand side at the respective values of
mLi.
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An excellent measure of the equilibrium voltage of such
systems is the equilibrium oxygen partial pressure defined by
such systems. For ternary systems of the form
LivMOw:LixMOy :Li2O such as LiRuO2 (v = 1, w = 2): Ru
(x = y = 0):Li2O the connection between cell voltage and
oxygenation power (mO) is readily demonstrated. Both mLi and
mO (as well as m

m
) depend very sensitively on the fine

composition (e.g. of Li2O). Yet in the above multi-phase
mixture of the ternaries all these fine compositions and hence
chemical potentials are well defined (Gibbs� phase rule). As
for the common Li2O mLi and mO are coupled according to
2mLi + mO’m�Li2O, one obtains a linear relation between cell
voltage and log (equilibrium oxygen partial pressure) =

const. + 2mO as demonstrated in Ref. [54] for such composites.
Unlike in the two-phase situation, such conversion

reactions lead to a greater morphological complexity. It
turns out for the example just given that the phase distribu-
tion is heterogeneous even on a nanoscale. This is an
expression of the low diffusivities of O and Ru at room-
temperature and simultaneously a prerequisite of achieving
a certain reversibility. Hence such nanostructural morphology
may be conceived as an expression of the “reaction–diffusion
domains” developed.

5. Excursion: Thermodynamic Aspects of
Nanocrystalline and Amorphous Materials

Even though variations in E and d are not the primary
causes for using nanocrystals, these quantities are also
measurably influenced by size. This needs to be addressed
not only as nanostructures may be automatically generated
through conversion reactions, but in particular since nano-
crystals are deliberately used in the single or two-phase
modes. Nanocrystallinity is not the only phase metastability[55]

of significance in the battery context, also amorphous phases
frequently occur. To treat such metastable situations as
constrained equilibrium states one has to make sure that the
exchange processes that are necessary for the property to be
investigated (e.g. Li exchange for e.m.f.) are reversible (while
immobile counter elements, that is, X in LiX, maintain the
frozen-in structure).

Absolute values and signs of the voltage variations
depend on whether single- or multi-phase mechanisms are
relevant.

For a more reliable treatment of the thermodynamics of
nanosized particles, the reader is referred to the litera-
ture.[6, 56–60] It suffices to mention that the situation is
particularly complicated if surface stress effects[57,61] come
into play, or deviations from the equilibrium shape at a given
size or the size dependencies of surface and bulk energies
have to be involved.

Herein we concentrate on ideal Wulff-shaped crystallites,
neglect surface stress effects,[62] and assume the excess free
energies of the individual surface planes (orientation (s)) over
the bulk value to be determined by size-independent surface
tensions (gs). The Wulff-shape which is the equilibrium
shape[63] for the addressed idealizations, is characterized by
gs/hs values which are independent of s, where hs denotes the

distance of the plane with orientation s from the origin. In
other words

gs=hs ¼ w ¼ hgi=hhi ð53Þ

where w is a constant with respect to s. The ratio w can also be
favorably expressed in terms of the area averaged mean
values (hgi= Ss as gs/S as, hhi= Ss as hs/Ss as ; the as values are
the areas of the crystal faces of the Wulff crystal; its volume
being Ss hs as/3 = hhiSs as/3).[59]

The surface effects lead to an enhanced pressure given by
2w (more precisely, the normal, not tangential, pressure is
decisive for the volume work term while the difference
between normal and tangential pressure is relevant for the
surface work term because it enters into the calculation of
g).[56, 57] As a consequence of this capillary pressure, the
chemical potentials are varied. This is of importance on the
phase level (1), the component level (2), and the defect
level (3).

1) The chemical potential of the crystallite is increased by
2uw (u : molar volume of the phase), 2) the chemical potential
of a component k by 2uk w (uk: partial molar volume of the
component, for example, Li in LiX), and last but not least
3) the chemical potential of a point defect d by 2ud w (ud:
partial molar volume of the defect).[64] Unlike u, the partial
molar volumes uk and ud can be negative.[56,57] (Appendix II
gives the connections between the chemical potentials on the
different levels.)

The most well-known phenomenon in nanoscience related
to point (1) is the much lower melting point[65] of nanocrystals
compared to macroscopic single crystals (Appendix IV).
Examples for the variation on the component level
(point (2)) are varied Li activities for different sizes and
hence varied cell potentials. This effect is impressively
demonstrated in quasi-symmetrical cells where the right-
hand side (RHS) and left-hand side (LHS) of the cell only
differ in particle size but this still leads to non-zero e.m.f.[66–68]

The capillary effect on the defects (point (3)) results in
a varied defect chemistry by varied defect-chemical mass-
action constants. If we concentrate on the capillary effects, the
mass-action constants that depend exponentially on the
standard potential, obviously change with size r according to

K rð Þ
K r ¼ 1ð Þ ¼ exp �2

DR uwð Þ
RT

� �
ð54Þ

where the right-hand side term refers to variations of partial
molar volume, size, and surface tension during the reaction.[64]

If we refer to Li storage we phenomenologically concen-
trate on the component level, but mechanistically on the
defect level as both are naturally interconnected (Appen-
dix II). Given usual g values, the capillary term is typically
small if the 10 nm size is exceeded; but for interfacial
distances below 10 nm the impact may be significant. How-
ever, it must be noted that preparations of differently sized
particles usually imply variation in surface chemistry (g) as
well as volume effects (u). This is demonstrated by recent
results on LiFePO4.

[69]
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With g values between 0.1 to 1 J m�2, ju j-values between 0
and 3 � 10�5 m3 mol�1, and sizes between 5 and 50 nm it is clear
that excess e.m.f. values are expected not to exceed
 100 mV.

For the following considerations it is appropriate to
distinguish between the Gibbs energy of a mixture per total
number of moles (nX + nLi) and the Gibbs energy of a mixture
per mole number of the invariant component (nX for LixX).
The first we denote as g, the second as G (cf. Appendix I).

Figure 12 refers to the molar Gibbs energy g(x) of mixing
(Li and X) of a metastable LiX (nanosized, amorphous) for
a single-phase storage. The fact that the g curve is increased
compared with the stable LiX situation does not necessarily
lead to increased chemical potentials of lithium, reflected by
the intercept at the x = 1 axis of the tangent at x (see also
Appendix I). This is however definitely the case if the shape
of the g(x) curves is preserved (i.e. they are shifted by D with
dD/dxLi = 0). The justification of such an assumption will be
inspected below (see Figure 12, top). Because of the thermo-
dynamic relation

mLi ¼ gþ 1� xLið Þ dg
dxLi

ð55Þ

where xLi is the Li mole fraction in LixX (x ¼ x

1þx) (cf.
Appendix II) this means for the excess values (difference of
the values for small and large r(r=1)) that mex

Li ¼ gex, that is,
dgex/dxLi = 0. Then the tangents at xLi for g(r) and g(1) are
parallel and the intercepts of the tangents with the axis xLi = 1
are shifted in the same way. In such a situation the capillary
effect lowers the distance to the reference value of elemental
Li, which has the highest mLi value, and thus lowers the cell
voltage. Even though the assumption of a constant D may give
an intuitive insight, for the capillary effects in LiX it is
quantitatively only correct if uLi ¼ uLiX

2 (Appendix I). Then the
Li “feels” the full capillary effect. For the opposite case, that
uLi is negligible compared with uLiX, not D but D’ is constant,
which is the distance between the curves in the G(x)
representation (cf. Appendices I, III). As here the chemical
potentials are the slopes, mex

Li vanishes. As generally
mex

Li ¼
2g

r uLi, the truth lies somewhere is in between.

Owing to the importance of this point, it is useful to
consider the explicit example of single-phase storage in
Li1+dX in the N regime (d = i = n). Then according to
Appendix II:

gex
Li1þdX’

2g

r
uLiX

2þ d
þ d

2þ d
ui þ unð Þ

	 


¼ 2g

r
1� xLið ÞuLiX þ 2 xLi � 1ð Þ ui þ unð Þ½ �

ð56Þ

in a simpler form for Gex

Gex
Li1þdX’

2g

r
uLiX þ d ui þ unð Þ½ � ¼ 2g

r
uLiX þ x� 1ð Þ ui þ unð Þ½ � ð57Þ

The relation mex
Li ¼

2g

r ui þ unð Þ ¼ 2g

r uLi consistently follows
from both equations through:

mex
Li ¼ gex þ 1� xLið Þdgex=dxLi¼ dGex=dx.

The shift in the respective free-energy curve involves uLiX

(shift at d = 0) as well as uLi = ui + un.
The upwards shift in mLi corresponds to a lowering in the

e.m.f. (vs. Li) as for example, shown by recent results on
nanocrystalline LiFePO4.

[69] Here uLi’ 10 % uLiX and the
excess voltages are in fact expected to be significantly smaller
than expected from Figure 12.

In the two-phase storage mode, the calculation of the
e.m.f. effect is more straightforward, as in this case according
to Equation (51) the e.m.f. (i.e. mLi) is directly given by the
m values of the phases involved (which are approximately
equal to the m8 values).

The e.m.f. effect is not very pronounced in the two-phase
system if both phases in contact are affected by the capillary
effect in a similar way. In such a case D(2gn/r) is relevant
though this term might be small. The magnitude of the effect
depends on the phase-change mechanism. In a core–shell
mechanism, g of the core is determined by the possibly small
interfacial tension, while g of the shell is greatly influenced by
the typically greater surface contribution. The effect can be

Figure 12. Top: If only the Li-poor phase has a metastable variant and
if for simplicity the excess Li value is independent of concentration,
the Li potential for the metastable phase is smaller than for the stable
one in the two-phase regime (a< xLi<b ; see green and red tangents)
but greater in the single-phase regime, if xLi<a’ (see black tangents).
The transition occurs between a’ and a in contrast to the single-phase
situation (dotted line) or in the case (not shown) that the Li-rich
phase is the metastable one. If the y-axis refers to g, then the
concentration variable is xLi. If it refers to G then the concentration
variable is x. In the first case the chemical potential of lithium is the
intercept at xLi = 1, and the approximation of a constant excess value is
good for uLi = uLiX/2 in the case of capillarity. In the second case mLi is
the slope, and the approximation of the constant excess value is good
for uLi ! uLiX. Reproduced from Ref. [71] with permission from The
Royal Society of Chemistry. Bottom: A situation is shown where the
form of the g (xLi) curve or G(xLi) curve leads to an inversion within the
single-phase storage mode.

.Angewandte
Reviews

J. Maier

5010 www.angewandte.org � 2013 Wiley-VCH Verlag GmbH & Co. KGaA, Weinheim Angew. Chem. Int. Ed. 2013, 52, 4998 – 5026

http://www.angewandte.org


particularly pronounced if only one phase is metastable (see
Figure 12). As mentioned in the beginning,[17] in RuO2

massive lithiation eventually leads to an extremely fine
mixture of Li2O and Ru, which can be delithiated again to
form amorphous RuO2. On mild lithiation this RuO2, if
saturated with Li, transforms into LiRuO2 which is now
crystalline. Hence one expects significant e.m.f. variations
even though the observed magnitude greatly exceeded the
expectations.[70, 71] The open-circuit voltage measured in this
situation was found to be enhanced by as much as 500 mV
with respect to the macroscopic RuO2:LiRuO2 two-phase
mixture. Two points are remarkable here: 1) the very large
excess value and 2) the fact that this excess value is positive.
The latter point becomes clear when Figure 12 is considered
and arises because in our example it is the Li-poor phase
which is metastable, while the Li-rich phase is stable. The
decrease of mLi below the macrocrystalline value reflects the
variation in Gibbs energy being more favorable if the
crystalline LiRuO2 is formed from the metastable RuO2

than from the stable RuO2.
The analysis based on Equation (55) has led to a far-

reaching interpretation of these RuO2 results. Even indica-
tions of the expected reversal of the sign of the excess e.m.f.
when crossing the border between two-phase and single-
phase mode, have been indicated.[72]

The other intriguing aspect is that the value of 500 mV is
much larger than the usual excess values for nanocrystalline
particles. Such a value would be formally expected for
unrealistic crystallites of atomistic size. Indeed it turned out
that whenever such high values were observed, the RuO2 was
amorphous. Thus, the value follows directly by connecting it
with the loss of long-range order and hence explaining it
through the free melting enthalpy at room temperature. For
details see Refs. [70,71]. In these references and Appen-
dix IV it is set out, though, that both ways of interpretation
(amorphous and sub-nanocrystalline aggregates) are in a very
rough approximation essentially identical as far as the energy
aspect is concerned. The interpretation finally relies on the
simple argument that interfacial atoms in nanocrystalline
materials can be viewed as having lost long-range order.
(Here, it is tacitly assumed that the short-range order is
unaltered. Consider LiFePO4 for a counter-example.)[69] The
simultaneous validity of the two rules of thumb, namely that
1) the excess energy of an amorphous material may be
identified with the melting free enthalpy at operational
temperature and 2) that it can be understood by the extreme
of a capillary effect, implies the validity of a remarkable
relationship between g and melting enthalpy DmHLiX, namely

g � DmHLiXr0

2 u
ð58Þ

with r0� 1–10 � and u being the molar volume of the
compound. One must however note that these rules of
thumb are orders-of-magnitude considerations and have to be
taken with at least one pinch of salt. Of the same roughness
(though helpful) is the implication that r0 can be identified
with the particle radius that is necessary to reduce the melting
point down to 0 K by capillarity (see Appendix IV).

For a more reliable interpretation again the defect
chemical analysis is decisive (for more details see Appendix I,
II, III).

The above correlation is only straightforward for two-
phase storage. Only in this case is mex

Li, as discussed above,
directly related to m�ex

LiX which can be correlated with the molar
Gibbs energy of melting, m�ex

LiX’DmGLiX [see Eqs. (50), (51)].
This result is naturally also obtained from Equation (55) if dg/
dxLi is replaced by the slope of the double tangent.[70, 71]

As for nanocrystalline materials, the treatment of the
amorphous state is more complex in the single-phase regime.
If we simply ignore dg/dxLi (i.e. assuming a constant shift in
the g(x) representation) we would obtain
mex

Li ¼ gex
LiX ¼ DmGLiX=2. More generally uLi¼6 uLiX/2 and by

naively correcting the above results as done in the single
phase situation, we would get:

mex
Li ¼

2g

r0
uLiX

uLi

uLiX

� �
¼ DmGLiX

uLi

uLiX

� �
.

As however the role of the defects is very different for
amorphous and crystalline states, none of these approaches is
satisfactory. The situation is clearer if we consider the identity
Gex ¼ m�ex

LiX þ dmex
Li . Assessing the first term (which describes

the situation for d = 0) by 2g

r0
uLiX or by the Gibbs energy of

melting, may be an acceptable approximation. Yet, using
a similar approximation for the second term describing defect
formation and being the relevant term for the e.m.f., could be
grossly wrong. Defect formation in the arrangement of
clusters without long-range order is very different from the
nanocrystalline state. Vacancies and interstitials may be very
favorably formed at spots where they can release the
inhomogeneity stress, so that the formation free energies of
the ionic point defects may be distinctly lower.[73] On the other
hand electronic defects might be accommodated less easily
than in the crystalline state making even the sign of mex

Li

unclear. A typical E versus d curve of amorphous materials
assumes a smeared-out character: flatter appearance within
the homogeneity range of the crystalline phase combined with
an extended miscibility. (The behavior is close to the situation
investigated in Section 8, cf. Figure 23 there). Apart from
kinetic effects this can be ascribed to: 1) Flattening as a result
of easier Li incorporation (higher KLi in the N regime, cf.
Figures 19, 23 in Section 8); then however E must be
increased compared to the crystalline situation; 2) Favorable
interactions, such as Li�i þ e0ÐLix

i , in the N regime. A
dominant effect would lead to an equation similar to
Equation (31) but without factor 2. 3) Natural flattening for
larger d [Eq. (31)], should competing phases become less
relevant.

A shrunk miscibility gap has also been observed for
nanocrystalline materials. This can hardly be explained by
capillarity only. Defect concentrations are expected to be
comparatively small [cf. Eq. (54)]. Concentrating for exam-
ple, on the N regime in FePO4 the m8 values of i and n would
rather increase and KLi decrease which is in contrast to the
observation that the miscibility range is extended. Increased
miscibility can, for example, be attributed to the cost of
interface formation which is not negligible at small size.[74–77]
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This penalty can be significantly altered if gradient effects are
included. The corresponding Cahn–Hilliard correction favors
graded interfaces. (Recent TEM results[78, 79] even indicated
staging effects at interfaces and in nano samples.

Even within the miscibility gap, the voltage–composition
profile is usually no longer horizontal for nanocrystals. One
reason is the unavoidable distribution of size, shape, and
surface chemistry (distribution of w within a nanocrystalline
ensemble).[80]

There is an even more fundamental aspect to be
mentioned which, however, is restricted to extremely small
sizes:[81] In such extreme cases, the chemical potential of an
individual nanoparticle experiences a contribution from the
particles� configurational entropy. In such cases the nano-
particles behave as an intermediate between extended solids
and atomic particles, and one has to reckon with different
charge carrier densities from particle to particle, even if they
are identical in structure, shape, and size.

At very tiny size the standard potentials[81] are expected to
not only vary through capillarity but also because of energetic
confinement of the point defects, a well-established effect for
electronic defects.

A size effect that can become relevant for nanoparticles
with larger radii concerns the configurational entropy of
defects, it occurs in nanocrystals in which the space-charge
zones overlap and cover the entire crystallite.[82]

Evidently, the thermodynamics at the nanoregime offers
a variety of challenges and a range of properties, connected
with Li batteries, which are far from being clarified.

6. Interfacial Storage and “Job Sharing”

Higher-dimensional defects can lead to additional Li
storage if special sites are available, and the site occupation is
not too costly energetically mLi < m��Li

� �
. The equilibrium

distribution between lattice sites in the core of the interface
(where the sites have a different energy to that in the bulk
phase) and bulk sites can be calculated through Equation (59)

m�Li bulkð Þ þ RT ln aLi bulkð Þ ¼ m�Li coreð Þ þ RT ln aLi coreð Þ ð59Þ

Core storage of neutral lithium is the consequence of the
altered structure which leads to a difference in the m�Li values.
A core storage can also be connected with an excess charge,
so for example, Li+ can accumulate in grain boundary cores
while the electron clouds extend into the neighboring crystal
regions (or vice versa). Such excess storage can also be
discussed for Li storage at dislocation cores or in frozen
vacancies, such as in carbonaceous materials.[23]

While all this is not conceptually different from storage in
a metastable 3D structure, the contact of two phases allows
for a novel interesting storage mode that is based solely on the
formation of a space-charge storage zone and will be in the
focus of the rest of the this Section.

This mode may culminate in the striking peculiarity that
the contact alone (no excess storage in interfacial core) of two
phases, neither which none is able to store Li, can result in Li
storage nonetheless (“job-sharing” mechanism).[20, 21] Con-

sider for example, the contact of Li2O and Ru. It is known that
both phases do not store Li to a noteworthy amount, because
Li2O cannot accommodate the electrons while Ru clearly
does not accommodate Li+. However the nanoscopic mixture
of both does store lithium to a significant degree (cf. region E
in Figure 3).

The reasoning is simple: Ru as a noble metal can easily
take up electrons in the outmost layer, while Li2O can, owing
to the antifluorite structure, easily accommodate excess
lithium ions (Figure 13).[20,21] The same phenomenon may be

observed in other conversion-reaction products or for delib-
erately fabricated two-phase contacts. Shrinking, in a thought
experiment, the size of the phases to atomistic size one easily
realizes that this storage mode forms the link between an
electrostatic and a chemical capacitor.

Figure 13 shows the thermodynamic situation, whereby
for the purpose of a thermodynamic definition, we allow for
a minute e� accommodation in Li2O and a minute Li+

accommodation in Ru. Clearly storage of Li is realized even
though the m�Li values (in the given phase) as well as the
mLi value are invariant. This is the consequence of the
heterogeneity of the process, that is, Equation (60).

‘‘Li’’ ¼ LiþðaÞ þ e�ðbÞ ð60Þ

The well-established underpotential deposition of Li caused
by adsorption of Li+ out of the electrolyte to the electrode

Figure 13. Mechanism, defect concentrations, and chemical potentials
at a “job-sharing” contact. Reproduced from Ref. [22] with permission
from The Royal Society of Chemistry.
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(while the e� is stabilized by the electrode) can be considered
as a subcase.

Another very relevant special case is possible storage in
the solid–electrolyte interface (SEI),[83,84] the passivation
layer that forms at electrode/electrolyte contacts at very low
or high potentials. This SEI is a thin ion-conducting, but
electron-blocking passivation layer guaranteeing the kinetic
stabilities of many electrode/electrolyte contacts. Besides
irreversible Li storage in the SEI (which is equivalent to
irreversible passivation reactions), solubility of Li+ in the SEI
(for which we approximately take the composition of Li2O),
compensated by e� in the electrode (or current collector), is
possible. Note that a significant accommodation of both Li+

and e� in a passivating stationary SEI is improbable, as it
would make it mixed conducting (or at least Li permeable)
resulting in further growth of the SEI layer.

In the following it is useful to compare bulk and job-
sharing interfacial mechanisms with regard to size and voltage
dependencies. For a detailed calculation of the relevant defect
chemistry in such a space-charge-controlled case see
Ref. [22]. Let us for simplicity consider a heterolayer arrange-
ment (see Figure 14) and vary the thickness L. Clearly for
bulk storage, the stored mass Q is proportional to L. In

contrast, the storage in the semi-infinite space-charge zones
(i.e. space-charge zones do not cover the whole layer) is
independent of L, while in the mesoscopic situation where
space-charge zones overlap, the situation again develops
towards a proportionality to L.

More revealing is the dependence on E or aLi. Let us for
simplicity just consider interstitial storage and assume that
there is inexhaustible supply of available sites and no
interaction effects. (Extensions may be more complex but
straightforward.)

Recalling, how we calculated the mass stored Q (or d) in
the bulk [Eq. (31)], we first consider the homogeneous
reaction (cf. N regime in Figure 4–8).

LiþVi Ð Li�i þ e0 ð61Þ

Owing to electroneutrality, Li�i
� �

¼ e0½ �, and it follows that

Q / Li�i
� �

/ a1=2
Li ð62Þ

In the heterogeneous situation we have to formulate

LiÐ Li�i að Þ þ e0 bð Þ ð63Þ

where, at the moment, we do not need to specify which
position in the space-charge zone we refer to. The balance of
the chemical potentials that led to mass–action laws has to be
replaced by the balance of the electrochemical potentials. The
heterogeneity gives rise to two characteristic features: 1) The
mass–action constant (Khet) is composed of the m�i value of
phase a and the m�n value of phase b. 2) Furthermore, the
mass–action constant has to be corrected by the electrical-
potential drop between these two distant sites, which depends
on the concentrations again. (The whole problem can be
solved by involving Poisson�s equation leading to Gouy–
Chapman or Mott–Schottky profiles.) This potential drop
includes the potential drop in phase a going from its bulk to
the outermost layer adjacent to the neighboring phase b, the
potential drop from there to the outermost first layer of the
neighboring phase b, and then the drop from there into the
bulk of phase b.

We best approach the problem by referring in Equa-
tion (63) to the outermost layers in each phase (denoted by a,
0 and b, 0) forming the abrupt transition, as they limit the
space-charge profiles. The application of the balance of the
electrochemical potentials to Equation (63) leads to

Li� a; 0ð Þ½ � e0 b; 0ð Þ½ � ¼ KhetkaLi ð64Þ

with Khet being the mass–action constant of Equation (63);
k ¼ exp �F � a;0ð Þ�� b;0ð Þ

RT

� �
is determined by the electrical poten-

tial drop between a, 0 and b, 0.

From these outermost layers the concentrations decay
into the respective bulk regions. We arrive at a simple
solution, if we can ignore the potential drop between the
outermost layers, corresponding to an atomistically small
contact distance, that is, by setting k= 1. This approximation
is referred to in Figure 15. The integral of the Gouy–Chapman
profiles thus formed on either side, corresponds to the total
charge. Naturally these integrals have to be different in sign
but equal in magnitude. The overall charge turns out to be
proportional to the square root of the above boundary
concentrations as well as to the dielectric numbers ea, eb.

[85]

Hence, the boundary concentrations are proportional to each
other, yielding

Q / Li� a; 0ð Þ½ �1=2/ a1=4
Li ð65Þ

a result quite different from Equation (62). (The constant of
proportionality is given by

ffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2eaRT
p

times area.)
Further size reduction to an extent that the space-charge

zones strongly overlap and the values of LiC(a, 0), e’(b, 0) tend

Figure 14. Thickness depends of space–charge storage capacity for
thin (center) or very thin (bottom) layers as compared with the bulk
storage (top).
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to be realized everywhere in a or b, leads back to a a1/2

dependence [Eq. (66)].

Q ! prop: a1=2
Li ð66Þ

In this limit the composite behaves as a pseudo-single phase.
The comparison between Equation (62) and Equation (65)
shows that

Qsc1=Qbulk / a�1=4
Li ð67Þ

which emphasizes that bulk and space-charge storage occur
simultaneously with the space-charge contribution becoming
less pronounced compared to the bulk contribution for higher
lithium activities (lower e.m.f.). This situation is not in
contrast to the fact that the interfacial storage only occurs
in the conversion reaction at very low voltage (cf. Figure 3,
region E). The reason is that in these examples, phases with
active interfaces are only formed at low voltage while the
respective bulk phases present at higher voltages are inactive.

Complementing the above, it must be stated that it is not
justified to neglect the potential drop at the contact in spite of
the small distance (s). The sensitivity of this region is obvious
from the following consideration. If one assumes a charge-
carrier-free zone, the potential evolution is linear between (a,
0) and (b, 0) but with the same extreme slope that is realized
at (a, 0) or (b, 0). This potential drop[86] is given by s

eT

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2eRTi0

p

(eT: dielectric constant of that region) if for simplicity i and K
(unlike previously) refer to molar concentrations. If we set s’
0.5 nm, eT’ ea = 10eo, then for i0’ (1/30) mol cm�3, the volt-
age drop is about 1 V which greatly exceeds RT/F.

Even though the identification of eT with ea or eb can be
considered as an upper limit, k is far from being unity. Taking
this into consideration, one finds:

aLi ¼ K�1
heti

2
0 exp

Fs
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2eRTi0

p

RTeT

	 

/ Q4 exp const Qð Þ / exp�E ð68Þ

High storage clearly favors the exponential term which, if
dominant, corresponds to a proportionality between E and Q,
as expected for a classical electrostatic storage. Low storage
corresponds to the proper diffuse space-charge storage (E /
p + qlnQ). The shape predicted is quite similar to zone E in
Figure 3. The fact that rather linear parts in the E(Q) curves
are characteristic features in the experimental studies of
interfacial storage signifies the importance of the potential
drop.

If the particles sizes shrink towards atomistic dimensions
the exponential term is to be replaced by unity and the power
of 1=4 by 1=2 (see Figure 15) yielding the bulk-like response of
this virtual phase.

It is to be expected that the future exploration of the job-
sharing mechanism will yield exciting information beyond the
pure battery aspects. In terms of potential applications it is the
beneficial compromise between power and energy density
that stands out.

7. A Few Remarks with Respect to Non-Equilibrium:
The Significance of Point-Defect Chemistry and
Morphology

In this Section we briefly consider the situation under
current flow for three reasons:
1) Strictly speaking thermodynamics does not exclusively

concentrate on equilibrium (thermostatics) but also deals
with rate vs. driving force relations (irreversible thermo-
dynamics). This is particularly the case in the range of
linear irreversible thermodynamics for which we can
consider the relevant resistances and capacitances as
equilibrium quantities (in the sense of the first non-
constant term in a Taylor expansion of rate in terms of
driving force).

2) The defect-chemistry considered above is not only impor-
tant for understanding equilibrium storage, but also for
kinetic phenomena, such as diffusion rates, migration
rates, transfer rates, or reaction rates.

3) Reaching equilibrium at room temperature is not trivial
and dealing with a few characteristic kinetic features
helpful.

Outside equilibrium the situation necessarily becomes
very specific and that is why a few remarks must suffice. For
more details the reader is referred to the literature.[29]

As far as global energetics is concerned, one can state, that
non-equilibrium implies non-zero (but of course positive)
entropy-production dint S.

For constant p, T

�Tdint S ¼ d ~G < 0 ð69Þ

where dG̃ is the change in the total Gibbs function also
including electrical work terms. The entropy production can
be written as the product of fluxes and overvoltages.[87]

Overvoltages mean a lower efficiency and non-zero dissipa-
tion that can be recast in terms of resistances R (diffusion
resistance, transfer resistance, reaction resistance etc.) leading

Figure 15. Activity dependence of the job-sharing capacity for thin (left)
and very thin (center) layers as compared with bulk storage as long as
the electrical potential drop over the core region can be ignored. Note
that here i, n, K refer to molar concentrations.
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for a non-zero current I to a voltage that differs from E
according to

UðIÞ ¼ Eþ SiIRi ð70Þ

At a great distance from equilibrium, a situation easily
attained for reaction resistances, the Ri values become current
dependent. For the charging process we define the current as
positive, hence U>E, while during discharge the current is
negative and U<E. Losses owing to resistances can have
many causes, such as sluggish electrochemical reaction
kinetics, slow transport kinetics in the electrolyte, concen-
tration polarization in the electrolyte, polarizations connected
with the passivation layer, contact difficulties in the electrode
network, nucleation, and most importantly transport prob-
lems in the electrodes.

The last point is indeed in many cases the relevant one. As
far as such transport effects are concerned, it is primarily the
optimization of charge-carrier chemistry that is required. The
classic adjusting screws are doping, component partial
pressures, and temperature. If we can assume that all the
components but Li are frozen, then the parameters remaining
are dopant concentration, the component partial pressure,
and the temperature of preparation. In Section 3 we, for
example, considered the effect of frozen-in oxygen stoichi-
ometry in TiO2 on the defect chemical situation at room-
temperature.[50, 88] One has to note, however, that wherever
the decisive ionic Li defect (e.g. Li�i in TiO2) and electronic
defect (e.g. e’ in TiO2) are oppositely charged (as expected for
large storage effects) the effect of doping—even though
possibly not insignificant—is not expected to be exceedingly
high as the impact on bulk concentration is of the opposite
nature. Also heterogeneous doping or more generally the
introduction of interfaces proved to be of high significance for
defect chemistry.[81] The splitting of concentration profiles
leads to the same counteracting behavior of oppositely
charged carriers. But here the heterogeneity may be favorably
used in a layered configuration: for example, through
enhanced ionic transport in the boundary while electron
transport chiefly occurs in the bulk. The relevance of this
technique for electrode kinetics is yet to be explored. At any
rate, this counteracting behavior is extremely beneficial for
electrolytes, in which accumulation of Li+ accompanied by
depletion of counterion is desired. We briefly come back to
this point in the context of Soggy Sand Electrolytes[89] (see
Section 8).

If all the possibilities to improve the transport coefficients
are exhausted, decreasing the diffusion length is still
a straight-forward parameter to play with. This is the major
reason why one intends to make the electrode particles
nanocrystalline. Since usual lithium diffusion coefficients in
solids are indeed small at room-temperature and cannot be
greatly increased, down-sizing is the remaining remedy as the
diffusion time is proportional to DLi/(particle size)2. Storage
times that would be on the order of years for 1 mm thick
particles shrink to much less than a second if one reduces the
size to the nanoregime. Yet this effect can only be exploited if
both e� and Li+ are quickly transported to the innumerable
tiny particles (or active interfaces). Easy Li+ access is enabled

by using a liquid electrolyte and preferably a hierarchical
channel structure. The electron access is guaranteed if
electrode particles are made of a very good electron
conductor, such as graphite. Promising materials, such as
LiFePO4 or TiO2, are however quite insulating and the
addition of carbon as an electronic connector is required.

Figure 16 indicates much more powerful network solu-
tions for different dimensionalities, as far as nanostructuring
is concerned, that implement ionic and electronic wiring
down to the nanoscale.[90–93] As further representatives of
various literature examples, the morphologies designed in
Refs. [94–99] are be mentioned here.

As far as practical performance is concerned, often simply
the volume change during storage prevents a good perfor-
mance.[94] A very instructive example is Sn, which in principle
can dissolve a lot of Li but is useless in compact form for that
very reason. The nanostructure shown in Figure 17 however
provides an instructive solution hitting various birds with one
stone:[92, 93]

1) The size of the particles is small enough to guarantee
quick Li dissolution/exsolution. 2) The carbon acts an elec-
tron connector. 3) The Li+ ions are brought by the electrolyte
to the large surfaces of carbon and can also migrate in the

Figure 16. Solutions for effectively mixed conducting networks (see
text) by a) 1D nanostructuring, b) 2D nanostructuring, c) 3D nano-
structuring. Partly reproduced from Ref. [91,122], with permission
from The Royal Society of Chemistry and The American Chemical
Society.[90–92]
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carbon matrix to the Sn particles. 4) The Sn particles are
mechanically decoupled (though electrochemically coupled,
cf. (1), (2)), and volume variation is not a problem. 5) The
carbon fiber acts as a binder holding the Sn particles together.
6) A transfer of Sn cations from the particles to the carbon
and transport of them in the carbon is unlikely and thus so is
electrochemical Ostwald ripening that would lead to grain
growth. 7) It is probable that the carbon–electrolyte contact
provides the necessary kinetic stability of the low-voltage
situation.

As far as conversion storage and interfacial storage are
concerned, kinetics plays a decisive role. In conversion
storage the kinetics are extremely demanding and perhaps
prevent this mechanism from being commercially used. In the
interfacial storage, the situation is just the opposite. Here the
favorable kinetics are an asset. This is impressively seen in
Ref. [88], where the storage performance of nanoporous TiO2

improves with increasing rate as the interfacial storage
outperforms the kinetically complex bulk storage.

But back to the equilibrium consideration. The fact that
nanoparticles are used and that multiparticle storage kinetics
have to be addressed is also relevant for the Li distribution in

single particles. Owing to the cost of inter-
face formation, phase separation will be
avoided in small crystallites if the macro-
scopically metastable mixed phase is not
very high in energy (see e.g. Ref. [74]).
Irrespective of this interfacial contribution,
a digital storage mode (small particles
either full or free of Lithium) is also
expected for an ensemble of crystals in
the system LiFePO4/FePO4 owing to the
non-monotonic mLi(xLi) function.[100] These
findings are also in agreement with the
domino-cascade mode (storage in
FePO4).[101] An additional complication is
related with the finding of long-range order
(staging effects) in LiFePO4.

[78] Many of
these subtleties, but also the high reversi-
bility at the LiFePO4/FePO4 phase transi-
tion, can be ascribed to the very low excess
free energies of the non-equilibrium com-
positions (“almost single phase stor-
age”).[102]

8. Defect Chemistry and the Search
for New Materials

Unlike electronics, battery technology
is a comparatively mature technology with
clear-cut limitations. Correspondingly, the
slope in a “Moore�s plot” of available
energy density versus time is flat. As far
as lithium-based batteries are concerned,
particularly the availability of improved
electrode materials and the progress in
nanotechnology pushed the field enor-
mously.

It is clear that in principle, the combination Li j jF2

promises the highest theoretical energy density. Coupling
with acid–base reactions could even increase voltage but at
the expense of energy density.

Yet one should not forget that the major driving force for
secondary batteries is that they are safe and highly reversible
devices. The Li–air concept[103, 104] is kinetically difficult on the
cathode side (cf. kinetics of oxygen reduction, for example, in
fuel cells) and it is hard to imagine how it could pass the
enormous hurdles with respect to reversibility and safety for
electromobility. Moreover the necessary catalysts for bringing
the kinetics to a reasonable level will diminish the envisaged
energy densities substantially. As recently reported,[105] the
use of Au electrodes enabled a remarkable performance. Na–
air batteries seem to function reasonably without costly and
heavy precious metals.[106] Li j j S may be less delicate but
offers a lower voltage[107] and still non-trivial redox kinetics.
The related Na j j S cell[108] was long in the foreground of
battery research. Its very good figures of merit were due to
the fact that higher temperatures (300 8C) and thus liquid
electrodes have been used separated by a ceramic electrolyte.
Even though more and more highly conducting solid electro-

Figure 17. Tin nanoparticles embedded in carbon fibers (TEM). The mechanical decoupling of the
individual particles combined with electrochemical coupling provides a greatly improved cycling
performance compared to macroscopic bulk Sn. Reproduced from Ref. [91] with permission from The
American Chemical Society.
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lytes become available,[109] for high-performance rechargeable
batteries at room-temperature it is not probable that the
electrolyte will be fully solid owing to the requirements of
a good contact to the solid nanostructures. A variety of well-
established liquid electrolytes, in particular based on alkylene
carbonates, are available.[83,84] At extreme Li activities the
stabilities rely on thin and flexible passivation layers which
are usually ionically conductive, but not conductive for
electrons.[83,84] Promising recent electrolyte developments
include soggy-sand electrolytes or lithium-conducting poly-
electrolytes that combine high conductivities and high cation-
transference numbers with favorable mechanical proper-
ties.[89, 110,111]

In terms of safety issues, ionic liquids are particularly
interesting,[112] but appropriate solutions have not yet been
developed. In the context of thermodynamics, electrolytes are
only important here as far as they set boundary conditions in
terms of stability.

As far as the selection of electrode materials is concerned
the standard chemical potential of the phase is a primary
thermodynamic search parameter. It is the decisive parameter
for the voltage in two- or multiphase storage mode where
eventually the standard Gibbs reaction energy counts, but it
also gives an orientation with respect to the position on the
voltage scale (around which then solubility effects provide
variations). The search for appropriate phases is a major task
of structural inorganic (or organic) chemistry, but it has also
become a major target of computational chemistry and
combinatorial synthesis.[113,114] Yet, when the equilibrium
capacity is considered and even more so when practical
energy density and power density are addressed, defect
chemistry is important. In particular for the single-phase
mode it is defect chemistry that governs the capacity as well as
the voltage variation around the stoichiometric point. Here
the mass–action constants for the relevant defect chemical
reactions are the major determinants.

Let us, hence, for the rest of the Section consider, from
a defect-chemical viewpoint, the most promising, classic
storage mechanisms, in particular single-phase storage in
view of the necessary materials quest. In essence, we are going
to exploit the information of the equilibrium E versus d

diagrams (see for example, Figure 6), that are based on the
defect-chemical diagrams.

While various solutions are offered with respect to the
anode[26] problem (Si, Sn, etc. with theoretical capacities
exceeding 1000 mAhg�1),[115,116] it is striking that much fewer
options seem to be in sight for cathodes.[26] (Of these only
a very few have capacities exceeding 200 mAh g�1.) In order
to get a deeper insight let us discuss this aspect in the
framework of a defect chemical analysis.

Besides chemical and crystallographic specificities there is
one general point to be stated, that follows from Li
incorporation (variation of mLi) meaning incorporation of
both Li+ (variation of mLiþ) and e� (variation of me�). In ionic
materials the first contribution refers rather to a crystallo-
graphic question (available sites), and is not fundamentally
different for cathode and anode. This however is expected to
be different for the second part, the accommodation of
electrons. Therefore, the difference of anode and cathode on

variation of mLi is especially reflected in the different
variations of the me� values.

It is in intuitively clear that phases which are thermody-
namically close to metallic lithium (in terms of mLi), that is,
anode materials, have (typically) less problems to take up
electrons without varying the voltage too much; the thermo-
dynamic reason is the “electronic proximity” to lithium. This
statement has to be taken with a pinch of salt as “proximity”
to Li and interactions between ions and electrons also lead
away from the ionic bonding picture. More generally, though,
we might state that the Li incorporation can be split into the
geometrical accommodation part and a part that subsumes
the bonding questions, whereby the bonding question is
decisive for the differences between cathode and anode.

Unlike anodic phases, in cathodic phases only a little
addition of electrons (of course, along with incorporation of
Li+) to the highly oxidized phases may drastically increase mLi

(in the single-phase mode) and hence decrease the voltage.[117]

This sensitive dependence (which is usually mitigated by
transition-metal elements) does not only lead to an unwanted
steep voltage variation, the same effect (sensitive variation of
the Gibbs energy) severely narrows the homogeneity range as
the formation of competing phases is favored. For an anode
a substantial increase of me� and finally mLi is prevented by the
fact that the chemical potential of elemental Li forms the
asymptote. Beyond that, the immediate phase neighborhood
to lithium might lead to the case that a significant portion of
the (e.g. interstitially) incorporated Li does not dissociate
resulting in uncharged (interstitial) defects. The resulting
compound tends to be less ionic and more metallic.

In fact, the large non-stoichiometries observed for Sn or Si
require interactions between Li+ and e� to be favorable. In
the ionic model they can be taken account of by activity
coefficients and/or to a certain degree by introducing
associates as new species. We will ignore such effects for the
purpose of simplicity in the following.

The energies for accommodating Li+ and e� are contained
in the mass–action constants of the defect chemical reactions,
which we again will consider from the viewpoint of our simple
LiX model system (cf. Figure 4).

To begin with, we simplify further and concentrate on the
N regime, where Li is solely occupying interstitial sites (in
Figures 18–21: d 
 0) according to

LiþVi Ð Li�i þ e0 ð71Þ

Here Equation (31) applies which demands

d ¼ K1=2
Li a1=2 ¼ K1=4

F K1=4
B exp �E � E

*

2

	 

ð72Þ

The slope dE/dd =�2/d is infinite for d = 0 and diminishes
with increased Li incorporation as long as the defects are
dilute (see Figure 18). It is worthy of note to point out that
a predominant neutral incorporation of lithium (Lix

i ) would
lead to d/ a and hence to half the slope, that is dE/dd =�d.

In Section 3 we considered E�E*, that is, we referred to
the intrinsic point (concentration of order).

Lithium Batteries
Angewandte

Chemie

5017Angew. Chem. Int. Ed. 2013, 52, 4998 – 5026 � 2013 Wiley-VCH Verlag GmbH & Co. KGaA, Weinheim www.angewandte.org

http://www.angewandte.org


To judge the connection between the (normalized)
voltage versus lithium E and the non-stoichiometry d directly
we make use of the fact that

a ¼ e�E
K�Li

KLi
ð73Þ

where K�Li is the mass–action constant of the reaction in which
we now start—in contrast to KLi—from metallic Lithium
Li(s):

Li sð Þ þVi Ð Li�i þ e0 ð74Þ

The term ln K�Li differs from lnKLi by
� m�Li � m��Li

� �

RT � ln K��Li which is the negative standard

Gibbs energy of bringing Li from the metal phase (reference
electrode) to the working phase K��Li

� �
(per RT). This value is

positive and thus K��Li ¼ K�Li



KLi > 1.

In spite of the fact that we refer to E directly (and not to
E�E*), we can directly use the Equations of Section 3
[Eqs. (33)–(49)], by replacing KLi by K�Li. Then the activity
a transforms into an “absolute” activity given directly by
exp(�E), whereby we have implicitly set K��Li ¼ 1 and
identified m�Li with m��Li .

If we, however, identify m�Li with m*
Li, that is the m value at

d = 0, then K�Li includes the standard redox effect of bringing
Li from the elemental phase to the ordered working phase
(expressed by K��Li ), while KLi only expresses the tendency to
non-stoichiometry (specifically Li-excess).

Hence

E ¼ ln
K�Li

d2 ¼ ln
KLiK

��
Li

d2
ð75Þ

Figure 18 shows that, given a certain practical E range, a high
K�Li value is favorable for extending the theoretical storage.

Equation (75) shows that d is influenced by the voltage,
and by K�Li which can be decomposed into K88 and KLi. As
both E and ln K��Li vary oppositely (ln K��Li determines the
standard potential) with the chemical distance from Li(s),
they cancel each other out except for the configurational
effects, leaving KLi as major factor determining d.

Realistically, the steep E increase for d!0 will be limited
early on by:

a) purely internal effects, such as the change in the defect
chemical regime, interactions, or site limitations

b) competition by other phases (such as Li-poor phases)
c) competition by other processes (such as oxidation of the

electrolyte).

Let us concentrate on point (a) and emphasize that low Li
non-stoichiometry favors domination by intrinsic disorder
(ionic or electronic), that is, appearance of the I and
E regimes. We will assume the appearance of the I regime
by allowing for non-zero KF (this also includes a finite value of
m�V). Even though we consider the I regime we initially assume
that we are still sufficiently far from the intrinsic point, so that
we can concentrate on excess electrons (d = i�u’ n, that is,
KB = 0) as electronic carriers. We see from Figure 19 based on

Equation (32) that the admixture of a non-zero KF lowers E
but also leads to a lower d(E= 0) value. This is because the
Li+-accommodation part of the stoichiometry change
becomes thermodynamically more favorable. So the effect
on storage capacity is ambivalent. If we also allow for a non-
zero KB, corresponding to finite formation energy of holes and
then to a finite band gap, which also facilitates the electronic
part of the stoichiometry change, we find a finite slope at d =

0. This deviation is quite significant at small d referring to the
fact that now another defect pair V0Li;h

�ð Þ can take over if d

changes sign.
The clear conclusion from these considerations is that low

energies of excess (low m�i , m�n) or deficiency defects (low m�V,
m�p) are important but high intrinsic ionic and electronic
disorder (all relevant m8 values are low, that is, low KF, KB) is
particularly favorable for flat electrode characteristics. (The
favorable role of high disorder does not only refer to
equilibrium, but is equally true as far as kinetics is concerned.)

Let us now address the whole defect chemical range (see
Figure 22) and analyze the E versus d curve as already given in
Figure 6. The curve is based on the general expression given
by Equation (33) for a pure material with the specification
that it is intrinsically mainly ionically disordered (I regime)
and at high deviations from the intrinsic point, the P and
N regimes are established described by Equation (31). As far

Figure 18. Voltage versus Li excess for different mass–action constants
K�Li (N-regime).

Figure 19. Voltage versus Li excess. N regime (red), N&I regime, but
holes ignored (blue; cf. different KF values), N&I regime including
influence of holes (green) for two different band gaps (greater KB

corresponds to smaller band gap).
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as defect chemistry is concerned, Figure 4 and Figure 22 are
relevant.

The curve is, on the d-axis, confined by the values dmax and
dmin, which are determined by the competition with other
phases. The dashed line is calculated if site-exhaustion (or
exhaustion of quantum states) is taken account of in the
statistical treatment (ignoring interaction effects).

A closer look at Figure 6 reminds us that the absolute
values of E depend on the Li incorporation energetics through
KLi which explicitly appears in lna ; in addition the translation
of lna into the cell voltage involves the standard potential of
Li in the phase under consideration (see labeling of y-axis of
Figure 6). Unlike the values themselves the differences do not
explicitly depend on Li incorporation energetics. The same is
then true for the total available E range, whose extent is given
by ln dmindmaxð Þ2



KFKBð Þ

� �
.

The information on Li storage defect thermodynamics
(KLi) however enters implicitly through the voltage values at
the d boundaries. At dmin,max the Gibbs energy has changed, as
a result of Li variation, to such an extent that it is favorable to
form competing phases. As the Gibbs energy is the sum of the
chemical potentials of all the regular and defective atomic
contributions (see Appendices I, III), it is clear that the
energy of lithium defects enters directly into the determi-
nation of dmin, dmax (but is of course not sufficient as
contributions of competing phases are relevant as well).

It becomes again clear how important the intrinsic defect
formation data are for the E range spanned by the phase. If
the phase does not exhibit ionic (KF = 0) or electronic
disorder (KB = 0) then the argument of the logarithm diverges
meaning that the useful range around the stoichiometric point
shrinks to zero (but compare Figure 19). On the other hand,
large KB, KF values are not sufficient for a large E range owing
to dmin, dmax being determined by the phase competition, and
the information on how greatly the molar Gibbs energies of
the other phases also vary with Li variation, is crucial (see also
Appendix Ib). An interesting criterion for the steepness of the
E decay on lithiation is the slope at the intrinsic point which is
proportional to K�1

B (ionic disorder) or K�1
F (electronic

disorder) [cf. Eq. (30)]. This means that a large ionic
(electronic) disorder leads to a steep E variation if the
tendency to electronically (ionically) disorder is small. The
conclusion that favorable conditions for significant storage
are high ionic disorder combined with a high electronic
disorder has already been made.

Figure 20 shows that for significant doping values (C val-
ues) the defect chemistry and hence d(E) is similarly varied as
it is the case for different mass–action constants. Special
attention has to be paid to the fact that substantial inclusion of
a foreign element alters the zero-point of the stoichiometry.
Heavy doping by redox-active impurities (e.g. Fe3+/Fe2+) can
increase Li solubility but only up to the dopant concentration
(times the number of electrons involved in the redox step).[118]

We have already mentioned that even on heavy charging
or discharging the number of available sites is usually not
completely exhausted, instead, because the Gibbs energy of
the phase will vary greatly, site occupation loses out in favor
of transformation to a phase of lower Li content (extreme: X,
for example, RuO2) or higher Li content (extreme: Li). This is
different if we consider the extreme phases X or Li itself, for
which competing phases of lower or higher Li content,
respectively, do not exist. The latter case is trivial, but the
former case is interesting. Here no intrinsic Li disorder is
possible, on charging a complete removal of Li (dissolved in
X) is virtually possible (so Figure 18 fully applies). On
discharge Li is dissolved, and—if the Li content is greater
than

ffiffiffiffiffiffiffi
KB

p
—the N regime is established where d ¼

ffiffiffiffiffiffiffiffiffiffi
KLia
p

. Of
course on even extreme charging the reversible voltage will
not be exceedingly high (formally E!1 for d!0). Here
competing processes will usually limit the voltage, for
example, electrolyte decomposition. But also other redox
reactions may be perceived. Often if cells are freshly
assembled with completely Li-free cathodes, for example,
oxides, the initial voltage is typically determined by parasitic
processes which are not sustainable. Such voltages break
together as soon as a little lithium has been transferred.

If we can define a dmin for the onset of a competing
process, the N range experiences a two-sided limitation and
according to Equation (31) gives

Emax�Emin ¼ 2 lnðdmin=dmaxÞ ð76Þ

again being independent of KLi, as far as the explicit
functionality is concerned, but being implicitly dependent
on the Li incorporation energetics through the boundary
values.

So far we concentrated on a single phase. Figure 21 shows
how the voltage composition curve evolves if various phases

Figure 20. Effect of doping (acceptor: C<0, donor: C>0) on the E
versus d curve.

Figure 21. Generation of the two-phase situation (LiX–Li2X). Since for
simplicity we only considered N regimes, only Li excess situations are
realized. The respective curves from Figure 19 have been shifted
horizontally (d!x) but also vertically as described in Appendix V. A
more realistic curve is given by Figure 23.
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are of interest. As an example, we select two E–d curves from
Figure 18 the one with K�Li ¼0.5 for the LiX and the one with
K�Li ¼0.1 for Li2X. Transformation from d to x by shifting the
second curve to the right by 1 (relative to the first),
renormalization of the concentration measure if necessary
(Appendix V), and application of the two-phase equilibrium
then leads to the bold lines. The reason why in Figure 21 the
stoichiometric points are outside phase stability is due to the
simplification that the initial curves only referred to N re-
gimes. (Using the more realistic curves of Figure 22, one can
easily reproduce realistic two-phase characteristics as
sketched in Figure 23.)

Figure 23 displays the breaking up of a virtual single-
phase situation into a two-phase situation which leads to
a smaller slope (ideally: horizontal in the two-phase range).
Given the same E span, the great disorder that would be
necessary in the single phase (small slope) is broken down
into two phases of lower disorder (steeper slopes).

In this sense the two-phase mechanism which is charac-
terized by a more constant E value, offers the advantage of
being able to cover a large d range which otherwise would
require unrealistic mass–action constants. It is important to
repeat here a statement from Section 5, namely that in the
amorphous phase exactly this can happen.

The fundamental thermodynamical difference between
bulk storage—where after all mass–action constants and
hence combinations of m8 values are decisive for the thermo-
dynamics—and interfacial space-charge storage (Section 6) is
that in the space-charge case the individual m8 values matter.
In other words: The restrictive condition of finding materials
that store Li+ and e� in a desired voltage window is relieved
by “job-sharing”. Yet, naturally the specific capacity is
reduced according to the fraction of interfaces.

As far as the search for appropriate junctions is con-
cerned, one has, at the moment, to largely rely on semi-
quantitative information and defect-chemical intuition, since
individual chemical standard potentials are typically not
known even for well-studied high-temperature materials.

Combinations of standard chemical potentials (e.g. Fren-
kel enthalpy, Schottky enthalpy, band gap) are needed for
a precise treatment of the classic storage modes, yet in the
field of Li-battery materials this knowledge is—in spite of the
significance—strikingly underdeveloped in comparison to
high-temperature materials (e.g. for solid oxide fuel cells). It
is to be hoped that the future development of the field will
close this gap to favor a more thorough understanding of
battery materials.

Herein the necessary thermodynamic aspects of electro-
chemical storage in solids have been set out. In addition the
special aim of this article is to show that—also for battery
research—a professional dealing with the solid state implies
taking the mechanistic role of the point defects seriously.
Additional insight becomes available not only for bulk
problems but also for interfaces, not only for thermodynami-
cally stable but also for metastable materials. In all the cases
a thorough understanding is only achievable by addressing the
charge carriers at the atomistic level. In turn, the solids� defect
chemistry is able to guide us in the search for optimized
electrodes.

Figure 22. Voltage versus non-stoichiometry for pure LiX (N&I&P)
showing the influence of the defect chemical parameters.

Figure 23. Two-phase storage allows a broad d range to be covered for
which in a single-phase mode unrealistic defect chemical parameters
would be needed. Top: Comparison with a single phase whose
concentration is between those of phases a and b and whose mass–
action constants of disorder exhibit unrealistic values. Note that when
generating these curves by varying KF and KB, the balance between KLi

and K 0Li needs to be considered.[40] Bottom: Coexistence of a boundary
phase LidX with a phase of higher Li content. Comparison with a phase
in which high Li excess is possible and no miscibility gap occurs; here
only interstitial defects occur. The first inflection point occurs through
the exhaustibility of available sites [cf. Eq. (44)] rather than ordering. A
further inflection point is possible by the occupation of a different
class of interstitial sites (i’). This may be applicable to the amorphous
state.
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Appendices I–V

Appendix I
The g–x and the G–x Representations

Before details are discussed it should be mentioned that in the
case of surface contributions two definitions of the free
enthalpy may be made. Either the total mechanical work (i.e.
volume plus surface work) can be subtracted from the free
energy or only the volume term is subtracted. Only in the first
definition, to which we refer here, does it hold that G = �mini.
For a thorough discussion see Ref. [57].
a) While (binary) mixture thermodynamics is usually formu-
lated in terms of g versus x where g is the molar free enthalpy
of mixing and x the mole fraction, in materials science it is
often useful to refer to the Gibbs-energy per mole number of
an invariant constituent (e.g. anion) and to the mole ratio[119]

(e.g. cation to anion); we then write G and x. For a binary (A,
B) it holds in the g versus x representation (xA = x, xB = 1�x):

g = xmA + (1�x)mB,
dg
dx ¼mA � mB,
mA ¼gþ 1� xð Þ dg

dx

These Equations are derived in all textbooks on chemical
thermodynamics[120] and follow from G = Sinimi and Simidni = 0
implying Sinidmi = 0 (p, T const.) in the equilibrium case.
If we now turn to G and x, the corresponding derivative is
simply:

dG

dx ¼ mA

(xA�nA/nB�x). This follows from the definition of mA�@G
@nA

�

nB

as
in d G=nBð Þ

d nA=nBð Þ the parameter nB is a constant.

Since for LixX it holds that g = G(1�x) and x ¼ x

1þx, that is,
1� x ¼ 1

1þx, we also verify the necessary identity
gþ 1� xð Þ dg

dx ¼
dG

dx.
Hence in the g–x representation m is obtained from the
intercept of the tangent to g(x) with the x = 1 axis, whereas in
the G–x representation m is simply the slope.
Nonetheless in both representations, the double-tangent
construction leads to the compositions of the two coexisting
phases a, b. To demonstrate this we simply have to show that
in both representations the slopes of the tangents at the two
coexistence compositions are the same and equal to the slope
of the line connecting these points.
In the g–x representation: The slope of this secant is given by
gb�ga

xb�xa which simplifies to mA�mB, since ma
A ¼ m

b
A and ma

B ¼ m
b
B,

clearly coinciding with the tangent slope.

In the G–x representation:

Gb�Ga

xb�xa
¼ xbmAþmB�xamA�mB

xb�xa
¼ mA ¼ ma

A ¼ m
b
A

Hence, again tangent and secant slopes are identical, and the
double-tangent construction works here as well.

b) In the following the shape of the free-energy curves will be
given for simple defect chemical regimes. For simplicity we
concentrate on G(x) and the compound Li1+dX, that is, x = 1 +

d. Extensivity of the G-function demands that

G ¼ mLiX þ dmLi’ m�LiX þ dmLi

which can be expressed in terms of defects. It is instructive to
directly formulate this on the defect level.
The Gibbs energy for Li1+dX is given by

G ¼ nXm�LiX þ nimi þ numu þ npmp þ nnmn

plus contributions from association which we ignore here.
Simplifying because of mi =�mu and mn =�mp leads to

G ¼ nXm�LiX þ ni � nuð Þmi þ nn � np

� �
mn

Application of electroneutrality results in

G ¼ nXm�LiX þ ni � nuð Þ mi þ mnð Þ

As we ignore associates, it holds that dnX = ni�nu, resulting in

G ¼ nX m�LiX þ d mi þ mnð Þ
� �

or

G � G
nX
¼ m�LiX þ d mi þ mnð Þ ¼ m�LiX þ dmLi

Forming the derivative with respect to x or d does lead back to
mLi but up to a negligible term given by 2 RT (since dmLi/dd¼6
0; see e.g. the case discussed in Appendix III, there mLi =

const + RT lnd2 with dmLi/d ln d = 2 RT). This apparent incon-
sistency can be attributed to the neglect of the configurational
entropy of the lattice molecule (mLiX � m�LiX; cf. also Ref. [10]).
In the N regime: d = n = i, mLi = mi + mn and hence:

G ¼ m�LiX þ d m�i þ m�n
� �

þ RTd ln d2

The result in the P regime is analogous:

G ¼ m�LiX � d m�v þ m�p

� �
� RTd ln d2

In the I regime [cf. Eq. (30)]

d ¼ 2
ffiffiffiffiffiffiffi
KB

p
sinh mLi�m*Li

RT

� �
� i�v = n�p

For mLi’ m*
Li, that is, d’ 0, d can be approximated by

2
ffiffiffiffiffiffiffi
KB

p
mLi � m*

Li

� �
=RT ¼ 2

ffiffiffiffiffiffiffi
KB

p
ln a=a*ð Þ

This yields a quadratic dependence

G = a + b(d�g)2

with the minimum not being identical with d = 0.
c) A parallel upwards shift of the molar Gibbs energy g to g’ in
Figure 12 gives rise to m0Li ¼ mLi þ D. If the shift (D’) in the G
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versus x representation is a constant, mLi ¼ m0Li is the
consequence (same slope). From the definitions of g, G, x,
x it follows that D = D’/(1 + x). For D = const. it holds that
dgex/dx = 0 while dGex/dx = D again showing that mex

Li ¼ D.
In the following this aspect is examined for the capillary effect
in greater detail.
As shown in Appendix III it holds for LixX = LiM+dX (see also
Appendix V)

g ¼ m�LiM X

Mþ1þdþ
d

Mþ1þd mLi

gex ¼ 2g

r
uLiM X

Mþ1þdþ
d

Mþ1þd uLi

h i

(in the N regime with negligible Lix
i

� �
it is valid that uLi = ui +

un ; if Lix
i

� �
@ i, n then uLi ¼ uLixi

)

G ¼ m�LiM X þ dmLi

Introducing x�xLi = nLi/(nLi + nx), that is, 1� x ¼ 1
Mþ1þd and

x = M + d leads to

gex ¼ 2g

r 1� xð ÞuLiM X þ 1� M þ 1ð Þ 1� xð Þð ÞuLi

� �

One recognizes that for “equipartition” of partial molar
volumes uLi ¼ uLiM X

Mþ1

� �
the x-dependence cancels. (If M = 1 then

uLi = uLiX/2.) This is not the case in the G(x) representation
which then reads (see Appendix III)

Gex ¼ 2g

r uLiMX þ x�Mð ÞuLi

� �
¼ 2g

r
uLiM X

1þM 1þ xð Þ

Clearly in this approximation gex(x) = D = const, while
Gex(x) = D(1 + x)¼6 const. Forming the derivative dGex

dx yields
D = mex which is consistent with Equation (55). Hence the
slopes in the Gex(x) representation are not identical but differ
by a constant. Setting D’ constant is the better approach if uLi

is negligible.
Generally neither D nor D’ are constant (see Appendix III)
and mex

Li ¼
2g

r uLi. Moreover there will be also an implicit x-
dependence, if the u values perceptibly depend on x.

Appendix II
Chemical Potentials of Phase, Component, and Defect

The chemical potential of the phase LixX is

ma = �jnjmj/na = Ga = ga(1 + x)

where nj = mole number of component j, mj = chemical
potential of component j in that phase.
For such a binary, the relation that connects g with xLi has
been given in Appendix I as

mLi ¼ gþ 1� xLið Þ dg
dxLi

The relation between components and defects is given
by[10,121]

mLi ¼ m Lix
i �Vx

i

� �
¼ �m Vx

Li � Lix
Li

� �

Similarly

mLiþ ¼ m Li�i �Vx
i

� �
¼ �m V0Li � Lix

Li

� �
� mi =�mu

Appendix III
Partial Molar Volumes of Phase, Component, and Defect

At a first glance one might expect that uLi ¼ @V=@nLi is
different from the volume effects generated by defect
chemistry, this is however not the case. If the lithium is
introduced as neutral interstitial it holds that uLi ¼ uLixi

as
dnLi ¼ dnLixi

. If the lithium is incorporated as Li�i þ e0 then
uLi = ui + un as dnLi�i þe0 ¼ dnLi (note that @V=@nLi 6¼ @V

.
@nLi�i

as in the r.h.s. case, one charges the system). If , for example,
n Li�i þ e0
� �

pairs and subsequently n X0 i � e0ð Þ pairs are
introduced, then the n Li�i þX0 i

� �
pairs must reorganize in

equilibrium to form normal lattice molecules since one refers
to the initial stoichiometry again. As far as the volume effects
are concerned, this ensures the extensivity of the total volume
(linearity in uLi and uX).
Let us for the following consider just the N regime with
negligible association, where all the Li excess is incorporated
as i and n.
Then it correctly holds that

LiÐLi�i þ e0 � excess Li

where the r.h.s. means the phenomenological lithium excess.
For i = n = d it holds that

mLi ¼ mLi LiXð Þ ¼ m�i 1ð Þ þ m�n 1ð Þ þ
2g

r ui þ unð Þ þ RT ln d2

Clearly uLi = ui + un and aLi/ d2. (For neutral incorporation
being dominant aLi/d would be the consequence.)
If we consider the constrained equilibria for different but
fixed sizes, mLi(r) = mi(r) + mn(r) and mLi(1) = mi(1) + mn(1)
then both situations do correspond to different equilibrium
concentrations (e.g. i(1)¼6 i(r)). But if we compare excess
values at the same concentrations (same d, that is, no
equilibrium between both situations) then the concentrations
are the same and cancel when forming excess values.
Let us refer to the N regime d = i = n, then according to
Appendix Ic

G ¼ m�LiX þ d m�i þ m�n
� �

þ 2dRT ln d

Writing this Equation for both r and 1, realizing that
m� rð Þ ¼ m� 1ð Þ þ 2g

r u and forming the excess (the lnd term
cancels), we obtain
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Gex ¼ m�ex
LiX þ d m�ex

i þ m�ex
n

� �� �
¼

2g

r uLiX þ d ui þ unð Þ½ � ¼ 2g

r uLiX þ x� 1ð Þ ui þ unð Þ½ �

where uLi = ui + un. If this partial molar volume is positive
(negative) the excess value increases (decreases) with d. The
excess chemical potential follows for constant u values as

dGex
.

dx ¼ 2g

r ui þ unð Þ ¼ 2g

r uLi.

Similarly for gex one obtains

gex ¼ 2g

r
uLiX

2þd þ
d

2þd uLi

h i
¼ 2g

r 1� xð ÞuLiX þ 2x� 1ð ÞuLi½ �,

and mex ¼ gex þ 1� xð Þdgex=dxLi again follows as 2g

r uLi.
According to Appendix IV a rough approximation for the
amorphous state assumes a capillary pressure effect, where r
is replaced by r0, that is, a radius of atomistic dimension (or by
replacing the term with the free melting enthalpy under
operational conditions). This applies to the free energy of the
phase, and can act as a simple correction as far as the first
term is concerned. Correcting the second term in the same
way, would be grossly wrong.
Compared to a crystallized phase the amorphous phase will
show excess tensile and compressive stress regions, which
favor interstitial and vacancy defects formed at such distin-
guished positions.[73] An extreme value (minimum) would be
the energy of defects in a melt (extreme, as in this case the
relaxation is extreme). Since on the other hand the formation
of electronic defects might be less favorable even the sign of
the excess value is unclear. If the second contribution is
expected to be distinctly negative this then would lead to a flat
G curve in the amorphous case. In such a case, E would be
increased compared to the crystalline case. Note that a flat-
tening naturally is expected for large d (dE/dd =�2/d) and
that this flattening is even more pronounced if Lix

i associates
occur. (If they are dominant: dE/dd =�1/d.)
The approximation for Gex then is

Gex ¼ 2g

r0
uLiX þ dDm�

where Dm8�DRG8 is the reaction free enthalpy with R
denoting (i + n)crystallineÐ(i + n)amorphous. The varied m8 values in
the amorphous case can be translated into varied K values.
Grossly increased ionic and electronic disorder would directly
explain large non-stoichiometries (disappearing miscibility
gaps) for amorphous situations. In this case the E(x) curve for
an amorphous phase will not only be shifted but also smeared
out compared with the curve for the crystalline phase.

Appendix IV
Energetic Rules of Thumb for Amorphous Materials

a) Melting point depression owing to capillarity (w�2g/r ; ‘ :
molten, s: solid, m: melting point)

The Gl curve intersects the Gs and Gs� curves at Tm and Tm�,
respectively. It follows in linear approximation
DT = Tm � T 0m ¼ Gs Tmð Þ�G0s T 0mð Þ

�s‘

=
�TmssþT 0mss�uw

�s‘

= Tm � T 0mð Þ ss

s‘
þ uw

s‘
¼ DT ss

s‘
þ uw

s‘

Note that G, s (entropy), h (enthalpy) refer to the total values
of the phase LiX (G, S, H) divided by nLiX (while g means the
total value G divided by nLi + nX). As usual, reaction values
(here values of the melting reaction, viz. Dm(G, H, S)) refer to
1 mole of LiX as well.
b) Rule of thumb 1 (a : amorphous,1: infinite crystal)

m�a � m�1 ’ DmG ¼ DmH � TDmS ¼ Tm � Tð ÞDmS

Here m8 is the standard potential of the phase Li1+MX.
c) Rule of thumb 2 (r0: radius of atomistic dimension)

w0�w(r0)

where g is on the order of a grain boundary tension.
Here u is the molar volume of Li1+MX.
d) If both rules are applicable, then

Comparison with the melting point depression formula shows
that this is equivalent to stating that the crystallite size is so
small that the melting point is virtually depressed to opera-
tional temperature (or roughly to 0 K, if T! Tm)

e) Relation for r0 from the two rules of thumb

For T! Tm r0 is almost independent of T!
Order of magnitude consideration
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For DmH’ 20 kJmol�1

u’ 20 cm3 mol�1

g’ 0.2 J m�2

It follows that r0’ 4 �. The examples considered so far
suggest a value of r0 in the range from 1 � to 1 nm.
Note: The connection of m�LiX with mLi depends on the storage
mode.
The connection of these results for m�ex

LiX with the excess e.m.f.
of nanocrystals and hence mex

Li ¼
2g

r uLi requires multiplication
by uLi/uLiX.
If we also use this scaling for amorphous materials, see the
above rules of thumb, we obtain m�ex

Li ¼ DmG uLi

uLiX
. As outlined

in the text (see also Appendix III) this is not supposed to be
a good approximation as the defect chemical situation
between crystalline and amorphous materials is very differ-
ent.
In the two-phase system mex

Li is according to Equations (50)
and (51) directly related with m�ex

LiX ¼ DmG. (The same result is
arrived at if Equation (55) is applied and the term dgex/dxLi

replaced by the slope of the double tangent.)[70]

Appendix V
Concentration Measures

If in Li2X we refer the non-stoichiometry to the number of
regular Li in the Li sublattice we write Li2+2dX instead of
Li2+dX (reference to the number of X sites). Both definitions
of d are different by a factor of 2 (number of regular Li/
number of regular X). This difference expresses itself in
a different configurational entropy which is finally reflected
by a different concentration measure in the mass–action laws.
If one uses the first definition, the selected curve for the
N regime has, in addition to a horizontal shift by 1, to be
shifted upwards by 2 ln 2 (stemming from E ¼ ln K�Li



d2) as in

Figure 21. This effect of the concentration measure can
however be absorbed in the K values. This approach is
generally advisable anyway as not just a vertical shift but
a distortion of the curve occurs.
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